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I. INTRODUCTORY

Hume's distinction, in Section I of Part 3 of Book 1 of the Treatise,
between those relations which *depend entirely on the ideas, which‘we compare
together! (T.69)1 and those relations which 'may be changed without any change

in the ideas' (ibid), and his distinction between Relations of Ideas and Matters

of Fact in Section 4 of the First Enquiry2 will constitute the‘ﬁubject-matter

of this enquiry.
My main purpose, in brief 6utline, will be. (i) to show on that grounds

the division is made in each of the two books; and (ii) to show that the division

" both in the Treatise and in the Fifst Enquiry is a division of propositions into
those which are '"necessary" (or,/g priori) and those wﬁich_are Mcontingent" (or,.

a posteriori); and (iii) to showéthat such a Eriori'propositions are not "analytic"
in the sense of being'taumologou;", nor are they also synthetic. The view that, |
for.Hume, all'g priori prbpoéitions are anaiytic is held, for inétance, by ﬁ. F.

. . . gl s s st .
Pears, in his. article, Hume's Empiricism and Modern Empiricism. Pears writes

(p.2h)3: 'The central contention of the first book of the Treatise is...that a
priori propositions are empty, and that any significant proposition that is not

‘empty must be based on experience,' And the possibility that, for Hume, mathematical

' 1All referénces;to A Treatise of Human Nature are to the page numbers
in the Selby-Bigge edition, Oxford: Clarendon Press, 1888 (1960 reprint). I
refer to this as T with the page number following. . '

2I use this briFf appellation to refer to An Enquiry concerning Human
Understanding. All references to that work are to the sections in the Selby-
Bigge edition: Hume's Enquiries, Oxford: Clarendon Press 1902 (second edition).

I refer to this as E with the section number following,

3David Hume: A Symposium., Edited by D. F. Pears. London: MacMillan &
Co. Ltd., 1963, | :
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propositions might be_synthetic a priori, is entertained, for instance, by A. Pap

!

in Semantics and Necessary Truth%, and by R, F. Atkinson, in his paper, Hume on
i R . . '
L. 2 . . . . . .
Mathematics., Such a possibility, Imaintain, is straightaway ruled out; in what
way it is ruled out, it is part of the business of this emiry to show,

I have been unable, in the body of this paper, to take account of

Farhang Zabeeh's book, Hﬁme:-Precursor of Modern EmpiricismB, since it arrived

too late for that purpose. Zabeeh refers (p.85) to Hume'é-divisions, in the

Treatiée and in the First Enquiry as the 'analytic-synthetic dichotomy*. This,

I regard as a misleading way of talking about Hume's divisions; since, the use
of that kind of language and the title of the book itself, 1mply that Hume held
the th851s that all a prmor1 propositions are analytic,
Hume expllCltly distinguishes between necessary prop051t10ns which
are "analytic" (in the sense of belng tautologous empty, uninformative) and those

which are not analytic in that sense. Hume's usual term for propositions of that

'-ty;e is the term‘hidentiCal proposition", (In the First\Enqui;y (E.32), he uses
the term "tautology".) |
None of the pr@positions which belong to Cléss I (in the Treatise)
and to 'Relations of Ideds! (in the Enguiry) are, for Hume, ‘'identical propésitions'
» i.e; analytic, tautologous, empty.

That he does récognize that there are such propositions, 1 will now show;

lPart 1, c. 4, New Haven: Yale University Press, 1958,

2PhilosophicallQuarterly, 1960, Vol. 10,

She Hague: Martinus Nijhoff, 1960,
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and I will also show what}he haS/to say about them., References to this sort of
propésition are made a;ﬂT.BO,'lZ%, 200, 248, and E.32, At T.50, he writes:

'In common life 'tis estabﬂished‘as a maxim, that the straightest way is always
the shortest;.whiéh would be as absurd as to say, the shorteét way 1s always the
shortest, if.our idea of af;ight line was not different from that of the shortest

way betwi%t two points.! Wt,T.127, he writes: 'The 1ike1ih60d and probability.

of chances is a superior nhmger of equal chances; and consequeﬁtly.wﬁen welséy
'tis likely the event willyfall ﬁn the side, which is superior, rather on the
inferiof, we do no more than affirm, that where there is a superior ﬁumber of
chances there is actually a superior, and where there is an inferior there is an
inferior; which are-identicél propositions, and of no consequence;ﬂ At T.200, he
.writes: tAs to the pfinbiple of individuation; we may observe, that the view of
any one object is not suffﬁcient to convey the idea of identity. For in that

proposition, an object is the same with itself, if the idea expressed by the word,

object, were no ways distinguished from that meant by itself; we réélly should mean ;
nothing, nor would the proﬁOSition contain a predicate aﬁd a subject, which |
however are implied in this ;ffirmation"' (Italics Hume's) At T.248, hé writes:
'...in saying, that the idea of an infinitely powerful being is comnected with

that of every efféct, which he wills, we really do no more than éssert, thatva

being, whose volition is connected with every effect, .is connected with every

effect; which is an identical proposition, and gives us no insight into the nature
of this power or 6onna¢ioni" And finally at E.32, he writes: 'When a man says,

I have found, in all past instances, such sensible ‘qualities conjoined with such

secret powers: And when he 'says, Similar sensible qualities will always he conjoined

with similar secret powers, he is not guilty of a tautology, nor are these propositions

.in any respect the same,!
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Hume does not hold the thesis that all "a priori" propositions are
analytic. This, however, does not commit him to holding that there are

synthetic g»priori.propoéitions. It will be seen in my discussion of the

grounds upon which a proﬁosition is necessary for Hume, in what way there

can be for him no syntheﬁié a priori propositions. It is my contention

[ . T
that by distinguishing relations into those which are constant and those
which are inconstant, the possibility of such a proposition, for Eume, is

thereby ruled out.
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II. The Division in the Treatise.

[

Hume, by disting&ishiné\his seven "philosophical"1 relations into
two classes, wants to make clear the line of demarcation between knowledge
and érobabilitz (or; belief); and to show precisely in which spheres knowledge
is possible and in which spheres it is not-possible. All that falls short
of knowledge,-he classes under the héading of p__robabilitx.2 -Knowledgé or

‘certainty, for Hume, is éither intuitive or demonstrative; this latter species

of evidence consisting iﬁ a chain of connected intuitions. The fouf felétions
which alone 'can be the objects of.kﬁowledge and certainty' (T,70), which

'are the foundation of.sdiencé' (scientia) (T.73) are Resemblance, Contrariety;
Degrees in any Quality, énd‘Propor?ion in Quantity or Number, These relations
'I will refer to, as the relations which make up Class.I, or simply, Class I

Relations.

The remaining three relations, namely Identity, relations of Time and
Place, and Causation come unde?lthe heading of probability., I will refer to
these as Class 11 Relatidns.'

Before proceeding to an enquiry-into the grounds on which Class I is
distinguished from ClassiII, I shall list evidence to show to what purpose |
Hume buts the relations of Class I. His procedure is to show that if none of

these four relations is: implied in a certain proposition (under examination),

lThe distinction made by Hume, in sections 4 and 5 of Part 1 of Book 1,
between natural and phil&sophical relations does not, for the present purpose,
concern us, But see pp52-55, where I have discussed this distinction.,

2Cf. Locke, Essay concerning Human Understanding (Book 4, C,15, S.2ff)
The distinction made within the realm of probability (T.l24) is, for the purpose
at present, unimportant (Vide. p.26 ).




or if the proposition does not involve any of these relafions; then that
proposition, he concludes, is not intuitively certain. Thus, at T.79, where

he is discussing the proposition, 'whatever has a beginning has also a cause

of its existence', he remarks that none of his four relations are implied in
it, ahd conéludes that 'that propoéition is not intuitively dertain'.‘ Anyone
who is of the opinion that it is, 'must deny thése to be the only infalliﬁle '
relations, and must find some other relation of that kind to.be.implied in it.
sesets At T.463, he makes thé same point: 'If you assert, that vice and virtue
consist in relations susceptible of certainty and demonstration, you must
confine you;self to thosé four relations, which alone admit of that degree of

evidence....! (Italics Hume's), Further (T.464) he regards these four relations

as exhausting the content of intuitive or dgmonstrativé knowledge: 'Should it

/
!

be asserted, that the sensé of.ﬁorality consists in the discovery of some

relétion, distinct from these (four), and that our enumeration was not complete,

1 . .
i !

when we comprehendéd all demonstrable relations under four generai'ﬁeads: To
this I know not Qhat to ﬁeply, till some one be so good as té'point out to mé
this new relation....'. , _ Lo

These relations,%theﬁ, being the only relations @hiéh can be 'the objeéts
of knowledge and certain@y' a certainty which is either intuitive or éemonstrative,
.the way in which these terms are being usedhas to be made clear. The terms |
"knowledge" and "certainty", he uses as the equivalent of each other (T.?O, 71,
72); and 'all certainty arises from the comparison of idéaS, and from the ‘
diécovery of such relations as are unalterable' (as synonyms for 'unalterable!',
he has ‘invariable! (T.6§) and ‘constant! (T.73)) 'so long as the-ideas continue
tﬁe same' (T.79). Thus,‘it is not his meaning that all comparisons of ideas

yYield knowledge; onlz'four types of comparisons of ideas (those types which make




u? Class I) are to be regarded.as yielding knowledge.

Conéerning the term M"intuition", he does not give any precise definition
of his use of it; he does, however, say something about it, by way of illustrationj
three of the relations, which belong to Class I, namely, Resemblance, Contrariety,
and‘Degregs in any Qualiﬁy,'says Hume, 'fall more properly under the province
of intuition than demonstration® (T.70), since they 'are discoverable ai first
sight? (ibid): 'When anyfobjé;tsl resemble each 6ther, the resemblance will at

first strike the eye, or 'rather the mind; and seldom requires a second examination.
The case is the same witﬂ coﬂtrarietx, and with the degrees of any quality. o~
No one can oﬁce doubt but existence and non-existence desﬁroy each other, and

are perfectly incompatible and contrary. And tho' it be impossible to judgé
exactly ofﬁthe degrees of any quality, such as colour, taste, heat, cold, when

the difference betwixt them is very small;.yet 'tis easy to decide, that anj

of them is supefidr or iqferior'to another, when their difference/is cbnsiderable.
And this decision we alw#ys pronouﬂce at first sight, without any enquiry or
reasoning.' (ibid). In;speaking of "proportion in'quantity or number®, he

says that we 'might at one view observe a supefiority or inferiority betwixt

any numbers or'figufes; especially where the differénce is very great and
remarkable.' But :as toﬁequality or any exact propoftion, we can only guess

at it from a single consﬂderation; except in very short numbérs, or very limited

portions of eéxtension; which are domprehended in an instant...' (ibid),

1Following Hume'é'own procedure, we here make no distinction between
the terms "idea" and "object". Prior to Part 4, he uses these terms inter-
changeably (Vide. for example T.69, 71, 157).




The phrases he uses to illustrate his meaning in saying that three
of the relations 'fall..%under the provincé o intuition': -relations tdiscoverable
at first sight'; the relétion which two Mideas" (or “objects") bear to each
other 'at first (i.e. Straightaway) strike(s) the eye, or rather the mind';
and 'decisions® concerni#g these relations ;we always prdnounce at first sight,
without.any enquiry or réasoning’; such relations we can 'obserye' tat one view';

they can be 'comprehende& in an instant': show that Intuition, for Hume, is a

species of perception; it is a kind of seeing or observation, “and as such would
be conformable to.the usé of the word in Latin, N. Kemp Smith terms this, |
'apprehension by direct inspection' (p. 355)1, a relation which can be 'directly
insuited‘ (p. 351) is a relation which can be 'immediately apprehended'.

R. W. Church (p. 67)2 remarks thét these relations ars;'directly perceived'.

A. L. Leroy (p. '?6)3 says that Lhese relations 'se découvrent par perceptlon
"dlrecte'. And in a footnote to the same page remaxks: Jcalll n'y a qu'; bien
considérer les objets presents aux sens pour discerner leur rapport de grandeur,
Ctest une perception dlrecte...c'est une vue 1nstantanee. Leroy, then, takes.“
Hume to be using "intuitive certainty" in the sense of direct ssnse—perception,

that is, sense—perceptioq, which admits of no doubt, From now on, I will refer

to this criterion of intuitive certainty as the direct inspection criterion.,

lThe Philosophy of David Hume, MacMillan & Co., Ltd., London.,
(1941, Reprint 1964).

2Hume‘s Theory of the Understanding. George Allen & Unwiﬁ, Ltd.,
London. 1935. :

3David Hume., Présses Universitaires de France, 1953,
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I now proceed td the basic ground of the division between the two
classes: I will term thﬂs the Yconstant/inconstant relations! base. The
qualification for membership in the respective classes, says Hume, is that the
relations belonging to dlass I 'depend entirely on th; ideas, which we compare
- togeher! (T.69){‘and tth the relations which are to be members of Class II,
are relations which 'may be changed without‘any chaﬁge in the ideas' (ibid).
Or, as he states it (T.ﬂ}): 'All kinds of reasoning cdnsiSt in nothing but a
comparison, and a discovery of those relatious éitherlcbnstanﬁ or inconstant,
_whichﬂtwo or more objects bear to each other.? At T.ég, he states that those
relatigns which belong ﬂo Class I are relations whiéh are 'invariablé, as long as our
idea(s) rémaiﬁ(s) the same.' At T.79, he states it thus: 'A1l certainty arises
from the comparison of iheas, and from. the discovery of such relations as ére
vunalterable; so long as the ideas continue the same.! (Italics ﬁine, in both
citations). With respect to Class I, briefly what is being maintained ié this:
if the "ideas" are élteréd, then the relation is correspondently éltered; that
is, the rélations vary with the '"ideas". With respect to Class II: if the .
relation is altered, the%"ideés” are not altered; that is, the:relation doesb
not varj wifh fhe "ideasﬁ.
With respect tdlﬂlass I, he gives one example to illustrate his meaning:
''tis from the idea of.altriangle, that we discover the relation of equality,
which its three angles bdar to two right ones; and this relation is invariable,
as long as our idea remaﬁns tﬂ; same' (T.69). This.sort of exaﬁple would come
under the general head of "proportion in-quantity and number'; and it.is the
only example he offers ab an illustration of what he means by saying that,.
in this class, the relatﬁons vary with the ideas.
In ofder to get the general drift of what is here being maintained, I

will speak of terms, rather than "ideas" or "objects". Given a term, "A"
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(say): this term,.let us suppose, is composite, tﬁat is, it is made up of parts
or elemenﬁs, ays a2.' |

Now, should one element be omitted, or a new element added, (say), "b",‘
then the term will no lo#ger.be designated "AM, Now; let us also suppose'that
these elements (al, a2) have a ceftain relétion to each other; and should the
elements be altéred in aﬁy way, either by omissions or additions, not onli is
the term itself no longef desigﬁéted nav, but the relation holding beéween the

elements has also been déstroyed.

Let us now take Hume's example sf the triangle: fhe term "triangle! is com-
poséd, let us supéosg, of (say) two elements, namely, “three angles", and "tﬁo
right angles", and these 'two elements have the relation of equality to.each
other, Should either oné.or both of these elementé bé‘al£ered in any way, the
relation of equality no longer holds. For example, should one of the elemgnﬁu
‘be (say) "four angles", and the other "two right angleé?i that which was called
"triangle!" is no longer designateq "triangle", and the former relation of
equality has also been dQStroyed.' To put the matter in aﬁother way: anything
made up ofvelements "four angles" and "two right angles' is no longer termed
"iriangle",

This, in a very érude form, is what Hume'issaying, by saying that the
"relation is invariable, ‘as long as our idea remains the Samé'.

The other relatidni which Hume bas included as members of Class I
.(namely, Resemblance,‘Degrees in'quality, and- Contrariety) will now be considered.
We will begin with Resemblance. Let us take the "proposition", 'A resembles B':
the term "A" (proceedingfon our supposition) being composite, is made up of
elements‘al, 25y a3‘(say}, and the term "B" is made up of elements bl, b2, b3,

b# (say). So again: élter in ény way,-either by omissions or additions, any

of the elements of "A" or "B", the term "AW itself (or "B") is no longer that
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.term, and the rélation of resemblance holding between A and B has been destroyed.
Similarly, for dégrees in any quality; let us take a concrete'exampie:
A is lighter in shade than B, If we deepen the colour o% A, beyond the saturation-
point of B, the relation}"lighter than" holding between A and B, has been
destroyed. Likewise, if 'we lighten the colour of B, beyond the saturation-point
of A, the relation no loﬁger holds between A and B. And the aiterations méde
to A (or B) disQualify iﬂ_from being designated "A" (or "B", as the case may be).
.Now, concerning Contrariety: the examples which Hume gives of thié
relation, first, in the éection where he lists his “philosophical" relations
'under seven general heads' (Section 5, of Part 1. T.iB),'are the 'ideas of
existence and non—existeﬁce'. In this section,‘with thch we are dealing (T.70)
he again gives the same gxamples: 'No one can once doubt but existence and non-
existence destroy each oﬁher, and are perfectly incompatible and contrary’.
It becomes a iitﬁle difficult to see just what Hume could meaﬁ by an
'idea of existence'; and even more difficult, by an 'idea of pon—éxistence‘.
In the last section of Part II, namely, Section 6 (T.66-68), where he discusses
'the idea of existence,ldnd of external existence;, he argues that there is mo
idea of existence vderived from a distinct impression' (T.66)...'...the idea of

existence...is the very same with the idea of what we conceive to be existent...

whatever we conceive, we 'conceive to be existent, Any idea we please to form

is the idea of a being; and the idea of a being is any idea we please to form',

(T.66-67).

Kemp Smith (p.35i)1 merely remarks: '.,.Hume's reference to contrariety,

Yop. cit.
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in the context in which it.comes; is extremely bewildering '.

As to what would lbe an example éf contrarietz in propositional fofm,

T am not at all clear. Hume (T.19) says 'that 'tis possible for the same thing
both to be and not to peﬁ is 'the flattest of all ;ontradictions'. The reference
"here would seem to be toT'existencé' and 'non-existence', the exémpleé which

he gives when discussingicontrarietz. R, F. Atkinson} gives as an éxamplé of
1contrariety in propositidnal form *'There cannot both be and ﬂot.bé Xtst,

The above interpretation, which I have been attempting, is bésed'on the
assumption that certain ﬁproperties", "characteristics", or "qualities" (call
them what you will) are "essential" to a term, in the sense that, without which
the term is not the éame:term.- Any omissions of additions to the '"properties"
of that term Othereby disqualifies the term from begné'designated that term,

With respectltolqlass I, my purpose has been to show that that class
--is the class of propositions which are "intuitive" (or, "demonstrative’, that;is,
consisting in a chaig of;copnecteq intuitions). And the ground of this criterion
itself is that the relafﬂons involved in such propoéitions aré "constant!" or
"invariable” or "unaltersble" and the ground of this constancy or invariableness

is the make-up or the composition of the "ideas" (or, terms of the proposition).

’
/

' / .
If such propositions be termed "a priori'" (that is, "“necessary"), then
it is to be noted that the above criteria are the grounds of such '‘mecessity",
Hume, in the Treatise (Book I) uses the term "a priori' only twice, and both

occurrences are on the séme page (T.247); and he seems to be using it in the

.

B

1PhilosophiCal Q&arterlg, Vol. 10, 1960 See below. for my references
and discussion of Atkinson's view of Hume on mathematics, (section III),

N
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' - NP ‘
-sense that 'to prove' a proposition 'a priori'™ is to draw the conclusion

tfrom the mere consideration of the ideas'.

With respect to Class II: the three relations which make up this class

are ‘relations of time and place' (T.69) or 'situations in time and place'

(T.73), identity, and caﬁsation. Reldiions of this type are relations which

‘may be changed without #ny change in the ideas'. (T.69); or, as he states it
(T.73): 'which depend no& upon the idea, and may be absent‘pr present evén

while that remains the same',  He also refers to such relations as_being "inconstant".
(T.?é), in contrast to t@ose of Class I which are "constant", "invariable";

or unalterable" (T.73, 6?, and 79 respectively)., These relations, in other
words, do not vary with~ﬁhe "ideas"; if the relatiom is-altered, the'"ideas".

are not, correspondehtly{ altered. Thus, if A is three feet distant from.B,
the.relation 'three feet!distant' may be altered‘(if may be fife, or seven£§—five
feét; or two hundred mii@s, distant) without in any way (according to'Humei

A and B being altered. That is, the alteration of the relation,(makes no
difference to A and B, As he states it (T.69): 'the relations of gontiguitz and

distance betwixt two objécts may be changed merely by an alteration of their

' place, without any changé on the objects themselves or on their ideas; and the

place depends on a hundred different accidents, which cannot be foreseen by
the mind,*

With respect to ﬁﬁ; relation of identity, he says (igig): *Two objects;
tho' perfectly resembling each.other, and.even appearing.in the same place at
different times; may be ﬁumerically different'. In Seéﬁion 5 of Part 1, where

he first made out his liét of seven "philosophical" relations, he remarked that

-

1References to this term are more frequent in the First Enquiry.
See sections below, dealing with that work, -

]
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tthis relation (of identity) I here consider as applied iﬁ its strictest sense
"to constant and unchangeable objects!, |

With respect to causation, he says (S.B.69): 'the power, by which oﬁe
object produces another, is never discoverable merely from their idea, ...cause
and effect are rélations{ of which we receive information from experience, and
not from any abstract reasoning or reflexion.' | ‘

By saying that the relation of identity ‘may be chanéed.without any
change in the ideas (or, objects)!, his meéning seems to be that éhe numerical
difference between an object, A, viewed at tl, andAtZ,‘constitutes the alteration
in the relation, as "app}ied..,to constant and unchangeable'objects'. " And this
difference, or alteration of the relation does not, according to Hume, correspondently
make an alteration in the object. And, by saying £hafﬂthe relation of cause
and effect between ijecﬁs is "inconstant"; or that suéh a relatioﬁ between objects .
'may be changed'-withoutiaﬂy corresponding change insth?se_objects, his meaning
is that two objects sténaiﬁg in such a relation are unaffected by that relation
in the sense that if\the relation did not hold between these two objects, these _ |
two objects, designéted *cause" and "effect" respectively, would ﬁot thereby
undergo change.or alteraﬁion. 

" Before we proceéd,’fhe gquestion, What is meant by saying that there is 22'
'change' or 'alteration' in the 'idéas‘ (or, *objects') here has to be cleared up.

Class I was the class, where the relati&ns varied with the 'ideas';
and by that was meant, that the ;ideas' or 'objecté' or terms were constructed
or composed in such a waj that any alteration or change in the terms disqualifiéd
the term from beiﬁg designatéd iEEE term; and since the term (or terms) was no

longer that term, the relation, which held between the two terms, also broke down,

This class, however, is the class where the construction or composition

of the terms, has no bearing on the relation, in the sense that, were there any
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alteration in the relatibh holdihg between the two £erm5, the terms would not
also undergo alteration{

| Two of the relaﬂibns of this class, those of identity and thdse of time
and place, are a case pfi‘perception', rather than of 'reasoning', ﬁume says
(T.73). ‘'When both thé pbjects are present to the senses along.with the relétion,
we call this perception rather than reasoning; nor is there in this case any
exercise of the thought,{or any action, properly speaking, but a mefe pésSiVe-
admission 6f the impressﬁbns throt the organs of sensatién.' (ibid). By
'reasoning', he means a bomparing or comparison of two 'objects! and the discovery
of the relations ‘constant?! or finconstént' which they bear to each ofher. We
may make the comparison Whep both the objects are presenﬁ to the senses (a case
of impressions), or, when neither of the two objects aré present (a casa of ideas),
of, when only one of thel objects is present to the senses. The lattér alternative
is more properly termed Freasoning' (or; inference).

Identity, however, whether numerical or qualitative, cannot be in

the same position as relétions of space and time; since, in the case of idemtity,
both terms of the relatign are not 'present to the senses alongVWith the relatioh';
only one of the terms isi'preseﬁt to the senées', thus; it would be a case of

'reasoning'l. Yet, he séys (ibid) : 'we ought not to receive as reasoning any

of the observations we mby make concerning identity, and the relations of time
and place; since in none| of them the mind can go beyond what is immediately

present to the senses, either to discover the real existence or the relations

lHume, howe#er, may be here thinking of the identity relation solely
as a case of "ideas"; but why should he? ,

v
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of objects. 'Tis oniy @aﬁsation, which produces such a connexion, as to give

us assurance-from thé existence or action of bne'object, that 'twas.foliow‘d

or preceded by any othar other existence or action; nor can the other two relations
‘be ever made use of in reasoning, except so faf aé they either affect or are
affected by it...we re%dily\suppose an object may'cbntinﬁe individually the saﬁe;
~tho' several times absént ffém and present to the senses; and ascribe to ;t'

an identity, notwithst&nding the interruption of the‘perceptioﬁ,‘whenever'we
conclude, thaf if we hgd kepﬁ our eye or hand constantly upon it, ‘it would have
conveyed an invariable}and uninterrupted perception. And this concluéion béyond
the impressions of our senses can be founded only on the connexion of cause and
effect; nor can Qe otHerwiée have any security, th;t the object is not changed
upon us, however much ﬂhe new object may resemble £haf'which was formerly present to
the senses.? | - |
Propositions bdlonging to Class II are those pgopositions'which are

'neither intuitively nor demonétrably certain' ( T.79). In the case of propositions
‘of Class I, the relatidn was directly seen to hold; and the ground .of this ‘seeing’

was that the terms being what they are (or, being so constituted), the relation

could not.EEE hold, and always hold between such terms. Thus, there was intuitive
certainty about the relation's holding between the terms,

In the case of propositions of Class II, the relation is not fied to
the terms; with the regult that there.is no certainty about the relation's
holding between the terms. (Just as, if A ties his dog to the gate-post, he knows
where the dog is; he mgy be said to have "intuitive certainty"™ concerning the
whereabouts of his dogj but if the dog is not fied to the gate-post, A hés no
certainty concerning the animals whereabouts,) v

We come now to [the question, What criterion does Hume employ to test

propositions of this class for their lack of "™intuitive certainty"? The "direct
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inspection criterion" is ruled out for the reason that the ground of that
criterion is not appiidable (even although one of the relations of Class II are
directly perceived) since it is applicable only where the relation is "constant',

The fact that,p&opositions of the second class are not intuitively oxm

demonstrably certain isl stated in an indirect way in Section 2. Propesitions

belonging to this class;yield,.what Hume terms "probability"; in contrast to
those propositibns of Class I which yield "knowledge', this '"knowledge" being
either intuitive or démbnstrative.

Thus, propositions of Class II are, by implication, égg intuitively
‘nor demonstrably certain, since they do not yield knowledge. As was noted
(vide pp.5,6 ), he resorts to the method of sﬁowing that, if none of the
four reléﬁions of Class I are implied in some propositionzﬁnder examination,
that proposition is thefeby not intuitively nor demonstrably ceriain. Thus;
at T.78, 79, in examiniﬁg the pfoposition 'whate?er begins.to e#ist, must have
a cause of existence', he remarks tha£ this 'general maxim'® is 'supposed to be

founded on intuition®, but 'if we examine this maxim...we shall discover in it

no mark of any...intuitive certainﬁy". Since ®1l certaiﬁty arises from the.
comparison of ideas, and from the discovery of such relations as are unalterable,
so long as the ideas continue the same., These relations are (the relations which
make up Class I); none of which are implied in this proposition...That proposition
éherefore is not intuitively cértain, At least anyone, who would assert it to be
intuitively certain; must deny these to be thevonly infallible relations, and must
find some other relation of that kind to be implied in i?; which it‘will then be
time enough to examine. !, He, then, proceeds to put forward a?other type of'
argument to prove ‘'at once, that (this)'proposition is héither intuitively nor
demonstrably certain. We can never demonstrate the necessity of a cause to'every

new existence, or new modification of existence, without showing at the same time
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the impossibility thereiis, that any'thing can ever begin'tp exist without

some productive princip@e; and where the latter proposition cannot be provided,

we must despair of ever being able to prove the former. Now that the latter
proposition is uttefly incépablé of a demonstrative proof, we may satisy ourselves
by considering that as 51l distinct ideas are separalle from each other, and

as the iéeas of cause and effect are evidently distincﬁ, ‘twill be easy fér us-

to éonceive1 any object to be non-existent this moment, and exigtént the next,‘
withput cénjoiniﬁg to it the distinct idea of a cause or productive princiéle';
This 'separation...of the idea of a cause.from-that of a beginning of existence,
is plainly possible for the imagination; and consequently the actual sepa?ation

- of these objects is so far possible, that it implies no contradition nor absurdity,'

-_‘(T.79, 80, Italics mine). The argument may be statedithus: Anything possible for
the imagination implies! no "contradiction'; the separation 6f the idea of a cause
- from that of a beginning of existence, is possible (they aré two distinct ideas);
<theref0re‘the separation implies no "contradiction". (Modus Ponené). Now, if
this proposition were intuitively certain, éuch a séparation would imply a
"contradiction"; it does not imply\a contradiction'; thérefore; this prpposition
is not intuitively cerfain. (Modus Tollens).

This criterion, which I will call the conceivability crlterlon, is

employed by Hume, quite: frequently in the Treatise (T.32, 43, 79, 80, 86, 87 &,

111, 162, 250.).

"The above argumént is supported by two principles: (i) ‘whatever (ideas)

A

1Hume uses 'conéelve' and ‘imagine' synonymously., Other synonymous
terms or phrases are: ‘form a notion', 'form an idea). Vide especially 7,18, 20,
27, 28, 30 (footnote), 32 38 39, W, 43, 51, 53, 54, 55, 66, 67, 72, 120, 150,
162, 186 201, 625. :
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are different are distinguishable, and that whatever (ideas) are}distinguishable;

are separable by the thought and the imagination! (T.l8)1 and (ii) the 'evident

principle, that whatever we can imagine is possible! (T.250); or, as he stated

N {
it (T.32): 'That whatever the mind clearly conceives includes the idea of possible

existence! ; and, whatéver is ;plainly possible for the imagination...implieé no
contradiction' (T.80).

Before I proceed to discuss this criterion, it is to be ﬂoted that Hume
in his discussion of Class I relations (Section 1, Part 3, Book 1), does not employ

the conceivability criterion to show that the propositions involving the four

relations are intuitively or demonstratively certain. For that purpose he employed

what I termed the direct inspection criterion. It is, however, employed by him

to show that Class II propositions are not intuitively nor demonstratively certain;
- andy by implication; that Class I propositions are intuitively or demonstratively'
certain. In what way it is related to the constant/inconstant relations base

will subsequently be shbwn.

With respect to this criterion, I shall, first, list examples of Hume's

A

employment of it.

At T7.86, 87, where he is discussing 'the inference we draw from cause
and effect!, he points out that 'there is no object, which implies the existence
of any other if we consider these objects in themselves, and never look beyond

the ideas which we form of them. Such an inference would amount to knowledge,

<

1He regards it as also 'true in the inverse! (that is, converse ).
And at T.10 he writes: '"Whereever the imagination perceives a difference among :
ideas, it can easily préduce a separation.' At T.36: 'Everything, that is different,
is distinguishable; and everything that is distinguishable, may be separated! by
the thought and the imagination. At T.40: 'Whereever objects are different, they
' are distinguishable and separable by the imagination.' He also holds (T.36) that
if 'they be not dlfferent they are not dlstlngulshable, and if they be not dis-

tinguishable, they cannot be separated.’,
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and would imply the absolute contradiction and impossibility of conceiving

anything different. But as all distinct ideas are separable, 'tis evident
there can be no impossibility of that kind. When we pass from a present impression
to the idea of any object, we might possibly have separated the idea from the

impression, and have substituted any other idea in its room.' (Rtslics mine).

At T.89, where ‘he is discussing the 'principle, that instances, of wnich

we have had no experience, must resemble those, of which we have had experience,

~

and that the course of nature continues always uniformly the same' (Italics Hume's),

he again points out that such a proposition can be founded only on argumehts

‘derived either from knowledge or probability.! If there were any demonstrati?e
arguments, says Huﬁe, to prove this proposition, then, it would_ﬁe ‘absolutely
impossible' to 'conbeive a change in the course of'nafure.' (Italics mine).
But, 'we can at least conceive a change in. the course éf néture; which sufficiently
proves,.that such a. change is not absolutely impossibleé' To form a clear idea of
. anything, is an undeniable argument for its possibility, and is_aléne a refutation
of any pretended demonstration agéinst it.' (Italics mine).

At T.111, discussing the opinion, heidlby some philosophers, that one
‘might immediately infer the motion of one body from'thg impulse of another, |
without having recourse to any past observation', he proceeds tg give 'an easy
proof! that such a view ié *false': 'For if such an inference may be dfawn merely
from the ideas of body, of motion, and of impulse, it must amount to a demonstration,
and must imply the absolute impossibility of any contfary supposition; Every
effect, then, beside the communication of motion, implies a formal contradictionﬁ
and 'tis impossible not only that it can exist, but also that it can be conceived.!
(Italics mine)., And siﬁcé we can form 'a clear and consistent idea' of an

tinfinite number of...changes, which we may suppose it to undergo', then it is

to be concluded that the inference.is not demonstrative.
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"At T.161: 'Now'mothing is more evident, than that the human mind éannot
form such'an idea of twb objects, as to conceive any connexion beﬂwikt them,
or comprehend distinctly that power or efficacy, by which they are united; Such
a connexion would amount to a demonstration, and would imply the absolute
impossibility for the one object not to follow, or to be conéeived not to follow

upon the other'...'since we can never distinctly conceive how any particular -

/
{

povwer can possibly resigde in aq& particular object, we deceive ouréelves in
' imagining we can ‘form any $uch€general idea’ (S.B.162). (Italics mine), |

| As was noted abbve, thig criterion rests on two principleé, one of
which principles is: 'Whatéver (ideas) are different are distinguishable, and
whatever.<ideas) are distinguishable are separable by the thought and the
imagination' (T.l8);ahd he alsc holds fhat if the "ideas" (or, "objects")
be not. different, they ére not distinguishable; and if they be not distiﬁguishable,;
théy cannof be sepérated'; By saying that the 'ideas!' are ‘differéntf, it can
be seen from the above quoted examples, that his meaning is that of a difference
in kind or a qualitative difference, not a numerical difference. The idea that
I have of this table at tl,vénd the idea that I have of it at fa would constitute
" a difference in number. But the idea of this table, and the idea éf this chair
are ideas 'different' in kind. ‘('Difference is of two kinds as opposed either to

n .

identity or resemblance. The first is called a difference of number; the other
of kind.' (T.15. Italics Hume's.).
The other principle on which it rests is the 'evident principle, that

whatever we can imagine, is possible' (T.250). Or, as he states it (T.32):

1That whatever the mind clearly conceives includes the idea of possible existence,

or in other words, that nothing we imagine is absolutely impossible*, (Italics

Hume's), At T.233, he states it thus: 'Whatever is clearly conceived may exist;
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and whatever is clear;y conceived, after any manmer, may exist after the
same manner', Thus at Te32, he says: 'We can form the idea of a golden mountain,
and from thence conclude that such a mountain may'actually exist. We can form

no idea of a mountain without a valley, and therefore regard iﬁ as impossible’',

And an idea, which ischnceivablé 'implies no contradiction® (in that iQea)._
(T.32): anything fcon;éived by/the imégination...implies nb'contradicti;n‘.

" At T.29, he uses "impossible"fgnd "contradictory" as equiﬁalent‘terﬁs. At T.43,.
he writes: 'Whatéyer can bercénceived by a cléar and distinct idea necessa?ily
implies the possibility of exfstence' and '!'Tis in vain to search for a
contradiction in any thing that is distinctly conceived by the mind. Did it
imply any contradiction,A'tié impdssible it.could ever by conceived‘; "At- T.80;
anything 'plainly possible for the imagination..;imﬁlies no contrgdiciibn nor
absurdity'. At T.87, he writes: an inference which amounts tﬁ‘knowledge (or,
in other wordsy any proposition which is intuitively or demonstrably certain)
implies 'the absolute contradicﬁion and impossibility of conceiving ahything
different'., And at T,89: "to conceive a change iﬁ the course\of natufe...suffic—
iently proves, that sut¢h a change is not absolutely impossible'. And at T.lll;
he says that a demonstration impliés '*the absolute impossibility of.any contrary
supposition'., At T.95, discussing 'wherein consists the difference betwixt
believing and disbelieving any propositiont, he remarks that this question is
easily answered With regafd to propositions, that are proved by intuition or
demonstration.! 'Since; 'in that case, the person, who assents, not only conceives
the ideés according to the proposition; but is necessarily determined to. conceive
them -in that particular manner, either immediately or by the interposition of .
other ideas. Whatever is absurd is unintelligible; nor is it possible for the

immgination to conceive anything contrary to a demonstration. But as in

reasonings...concerning matters of fact, this absolute necessity cannot take
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place, and the imagination is free to conceive both sides of the question...?

(Italics mine).

This criterion, then, is another way of distinguishing the two classes
of propositions. With reébect to Class I, or to those ‘propositions that afe
provided by‘inﬁuition or demonstration', one is 'neCessarily.determined to conceive’
(the ideas according to thq\pr0position)', that is, in.that way in which they 6écur
in the propbsition. Buﬁ with respect to Class II, 'this absolﬁte necessity cannot
‘take place, and the imagiﬂ;fion is free to concéive both sides of‘the question',
that is, both tﬁe proposiﬁion and its opposite.

In what way woﬁld this criterion be comnected with the constant/inconstant

relations base? Class I propositions'are those propositions where the relation

holding between the two terms is constant or invariable; and the.ground of this

constancy of the relation is the composition ormake—up of the terms. Thus the

relation being tiéd to the terms, it_would be inconcewmable for the relation not
to hold. Whereas in the case of Class IT propositions, the felation is not tied
to the terms, thus one can conceive of the relation not holding between these terms.

The fact that spatio—tﬁﬁporal relations, according to Hume, are directly

. perceived, leads Kemp Smith to méke a tripartite division within Hume's seven

relatibns. I am now going to sh&w that these relations do not wreck Hume's divisidns,-
nor is there any need to set up a third class to accommodate these "animals". |
Kemp Smith writes (p.355)1: 'These relations stand by themselves; they cannot be

made to fit into either the first or the second group of relations...they agree with

[N

the relations of the first group and differ from the relations of identity and

1op. cit,
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causation, in that they can be apprehended with complete immediacy and certainty
++sThese ;elations of time and place.m;fall midway between.Hume’s two clasées.
They share in the character of knowledge, in that~fhey are apprehended by direct
inspection, and therefore with a Eertainty which does not permit of doubt. Yet

that of which we have this

r \
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certainty is, like identity and causality, merely matter of fact, i.e. something
the opposite of which is always conéeivable.'. He proceeds (pp.356,357) to show
that 'corresponding ton.;three types of awareness, Hume would...have distinguished
three classes of reiations.'. "And these three 'modes' or 'types! of awareﬁess . |
.are: 'first the immediate awareness through which we appfehend'all perceptions,
whether passions, sense-perceptions or ideas --a mode of éwareness which he accepts
as being infallible, and as thereforé yielding its owq type of‘gglggggg certainty .

and assurance: secondly,.the mode of’awareness through which, in reflective

thinking, we obtain knowledge in the strictest senselof.the term -~ the

propo?itions which corncern content...and the opposités of which are inconceivable:
 and thirdly, the mode of awareness which he entitles belief...'.

The class of relations which correspond to the first mode of awareness
beéomes the class into which Kemp Smith puts the relations of time-and place.
Now, what Kemp Smith is, in efféct, saying is this: spatio-temporal relations
are M"intuitively certain™, becaﬁse "they are apprehended by direct inspection';
and, Because they are Eg apprehended, théy thus belong to Class I of Hume's
aivision. But. wﬁen Kemp Smith goes on to say that this "certainty' which
they do have is 'merely matter of fact, i.e. something the opposite of which

-is always conceiVable",1 he is saying that these relations also belong to Class 1T,
First, it is to be noted that Kemp Smith uses the ferm " Mcertainty" both in
connection with Class I gﬂé Class 11, though the certainty belonging to Class 1I,

is 'merely matter of fact!. Hume would not use the term Ucerfainty'as such,

in connection with Class II at all; he restricts the term to the relations of

" Yymat T termed the conceivability criterion,
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Class Il. But, aside from all this, it would seem, according to Kemp Smith,

that in one respect, tbése relations belong to Class I, and in another réspect,
they belong to Ciass II. But these relations exhibit this kind of behavior

énly by virtue of'the(épplicatioﬁ of two types of criteria to them; and also

by ignoring the base on which the‘distinction between the tw§ classes ig grounded.

Let us see what is the import of these two criteria; and the way in which the.

h EEEES'grouﬁd of the distinction is bound up with them. First, the concei&ability
criterion: A proposition, on this criterion, according to Kemp Smith, would be
one 'the opposite of which is alWéys‘éonceivable';.and propositions of this kind
belong to Class II., And, by implication, a proposition the 'opposite! of which

is inconceivable, would belong to Class I. And the ground of the inconceivability

of the opposites of propositions of Class I would be that the relation holding

between the terms is constant, or unalterable, 'so long as (the ideas) remain

* the same! (T.69). -And the gfound of the conceivability of the 6pposites of
propositions of Class II would be that the relation holding between.the terms

is inconstant; or variabie.. Thus, on this criterién, relations of space and
time, being inconstant, belong to Claés II;(they cannot belong to Cléss I.

But Kemp Smith's reaéén‘for séying that these relations 'agree with the relatiouns
of the first group (Class Ij, is that they are ‘'apprehended by direct inspection',
thus intuitive. But we need here only ask, What is the ground §f this |

“"intuitiveness" of propdsitions, to see that these relations cannot belong to

round of the intuitiveness of propositions

T N

Class I, on this criterion either. The g

1Hume (T7.124) distinguishes 'human reason into three kinds, viz. that from
knowledge, from proofs, and from probabilities'; but although 'proofs! are
tentirely free from doubt and uncertainty', nevertheless, certainty or knowledge
(in Hume's strict senmse) belongs only to Class I.

3
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of Class I is the direct ihsPection criterion, But the ground .of this criterion

itself is that the relatioms involved in such propositions are constant or invariable

or unalterable; and the ground of this constancy or invariableness is the make-up
or the composition of the "ideas™ or terms of the proposition. The basic ground

of the distinction between the two classes is that some relations are constant;
~others are inconstant; not that some relations can be directly perceived, others
‘ .
/ . . .
. i
not. And, since relations of time and place are ‘'such as may be changed without

any change in the ideas! (3Ta'69§, thus, inconstant, thus belomging to Class IT,
there is no need to create‘a special class for them."They belong in thé vér& class
into which,Huﬁe has put them, The fundamental ground of the distinction between
the two classes is the distinééion between those relation; which are constant and
those which are inconstant. And the fact that these'rglations are inconstant
disqualifies them from membership in the class where the relations are constant.
Being able to diréctly perceive the relation is not wﬁat distinguishes'the two
classes, |

In the case of Claés I, although we directly perceive that the relation
of resemblance holds between A and B, we also see that thét relétioﬁ'does always
hold so long as A is as it is, and so long as B is as it is.

In the case of Class II, the spatial relation holding between A and B
is directly pérceived, but we do not also see that this particular relation
(of three feetv(say)) does' always hold, since the relation is not tied to the

terms, in the sense that it is by virtue of the terms that that relation holds.
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This distinctioni made by Hume, between relations which 'depend entirely
on the ideas'! and relations which 'may be chﬁngea without any chénge in the ideas;,
‘is often said to be the distinction between "internal" and."external" relations.

A. Pap (p.?})l says: 'What Hume meant by saying that the relation of
equality "deﬁends solely upon idéas" is probably...ihat the equality of 4 and
242 fOliOWS from the meanings of the terms "L and-;2+2" alone; while, on the.
other hand, the truth‘of ﬁhe Judgment Qf spatial distance cannot b; estabiished'
by merely reflecting on the meanings of "body A" and “body B". Suppose we call |
relétions of the former kind, following a well known philosophical terminology,
internal, and relations of the latter kind external. We may then construct a

general definition of this distinction, withbut departing appreciably from the

 framework of Hume's termiﬁology, as follows: R is an internal relation = a

proposition of the form xRy is, if true, necessary, and .if false, impossible.

. R is an external relation = a proposition of the form xRy is contingent,

i.e. if true it is ndnetheless logically possible that it should be false, and
if false it is ﬁonethelesé logically possible that it sﬁould be true.

To illustrate, the denial of "24+2 iy can be ‘shown to.entail the
contradiction."Q £ b, and hence one who denied this statement would attach an
unusual meaning either to the term "A" or to the term "2+2". On the other hand,
Hume would say that if a house A stands in fact at a distaﬁce of one mile from
house B, we could nevertheless conceive that this spatial relation between the

~

same objects were different, i.e. without "changing our ideas" of the terms we’

lSemantics and Necessary Truth. New Haven: Yale University Press, 1958.
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could suppose that their relation were different.? (Itaiips Pap'é).

Papt's aim isltO;show (i) that if.Hume's dividon ié madé in terms of
analytic and synthetic propositions, then the division éoes to wreck; and (ii)
that the division is one between "pnecessary™ apd ”contihgent" propositions. I

shall begin with the first of Pap's aims.

On the two pages immediately.precéding page 73, Pap deals with Reichenbach's

.contention{(in The Rise o? Scientific Philosophy (1951, f.86)) that Hume is
maintaining the tﬁesis tthat all knowledge is either analytic or deriyed from
experience', Pap understands Reichénbach to be using the tefm Manalytic™ in the.
sehse of self;explanatory. He then proceeds to take the term “sélf—explanatory" in
fhe sense of !self-evident", with disastrous results for Reichenbach's interpretation
of Hume. _Pap now, still waking on the analytic/synthetic assumption, proceeds

to show that relationms whibh depénd 'solelyiupon ideas' may bevtakeh.in the sense

of 'following from the meapings of the terms! involved in the propositional form |
.ny. He next proceedslto take the term "méanings" in the sense of."descriptions",
and shows that dependiﬁg on how we describe A and B (say), the propositional form
.XRy may, depending on thé substitutions, yield either ah "analjtic" or "contingeﬁt"
statemenﬁ. He continues: fHume'might reply that when he spoke of our "ideas of the
objects (judged to be relatedkin a certain way)", he meant the.meanings of des;
criptions in terms of intrinsic propgrties only!® (p;74).l He now goes on to show -
that tthe stipulatioﬁ... that only intrinsic descriptions may be substituted for

X and y in the form xRy would make it impossible to classify "proportions in
quantity ér number" as either external or internal relations' (ibid). He then
concludes by saying: "What is left of Hume's division after such cri£ical sérutiny,
then, is not a division of relations.,.but simply the division of pfopositions

intc necessary and coﬁtingent. He might have said rightaway, without detouring

over the unsuccessful division of relations into internal and external, that the
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objects of knowledge are propositions‘of fwo radically'different sorts, viz.
necessary and confingent.ﬁ (igig) By a "necessary" proposition Pap means one
'yhich cannot possibly be;fglse' (Glossary p.433). It would, thus, seem that
Pap is referring to what I have termed Hume's "conceivability criﬁgrion". Finally,
operating with this criterion, Pap proceeds to show that ‘Hume is caught in a
dilemma'. | |
My purpose now is to investigate these matters. I will first state ﬁy
. own position: it isvmy contention that Hume's division is a division of
, prOPOSitions into those which are necessary and those which are contingent. The
groundé of this necessify I have been showing above,

I will show (i) that Pap is unable to set up the position he wants
to attack, namely, the analytic/synthetic dichotomy (ianap's sense)._'(ﬁume is
not at all implicated in ﬁhis; since he never made the division on these terms).
-And (3i) I propose to get Hume out of Pap's 'dileﬁma'. In other words, I propose
to deal with Pap's objections again§t the necessary.contingent dichotomy. Pap |
maintains that 'the equality of b and 2+2 follows from the meanings of the terms
nhn and 242" alone; while...the truth of the judgment of spatiai distance cannat
be established by merely reflecting on the meanings of "body A" and'body B". Now,
the statement "242 = L» wohlﬁ be, according to Pap, an "analytic® sfatement,‘since
it is 'true by virtue of the meanings of (the) constitueﬁt'terms‘; but a statement
‘about spatial distance, since its ‘'truth...cannot be established by merely
reflecting on the meanings' of the terms, would be not-analytic,. But; one has.
only to ask, in what way is the term "meanings" being used here, for it to be
seen that Pap is unable to formulate the very distinction he Wishes to discredit.
If, by "meanings", is meank."descriptions", then, an "analytic! statement, for

Pap, becomes a statement 'true by virtue of the descriptions of (the) constituent
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terms'; and a statement, which is not-analytic, is one whose 'truth...,cannot

be established by merely reflecting on the descriptions' of the terms. But,

on this view, there cannpt be any such things as not-analytic statements, all
statements can be shoﬁn ﬁo be "aﬁélytic". Pap (p.74) says that a statement

'about the spatial distance of houses A and B' may be shown, depending on how

we make the description, either to turn out M"analytic" or "contipgent"; -'Should
we describe', says Pap, ;the house‘pamed‘A as "the house which is exactly one
mile south of B", then we obviousiy obtain an analytically ﬁrue statement, while
if the same object is described in terms of its appearance, the statement is
contingent', But, a description in terms of appearance, I maintain, can be shown
to be no less ‘'obviously...an analytically'true statement' thus: '"The white |

house is one mile southf¢f the blue house', in strict gramﬁatical form is 'The

white house is the one which is one mile sdﬁth of the blue house'..‘The phrase
'the one which!' is édjectival. To what is 'the one which' referring? To the
white house, How‘was tﬁé white house described? It was descfibed as 'the house
which is white and is one mile south of the blue house'. The statement now reads:
'The house which is white and is one mile south of the biue house is the house
which is white and is oné miie south of the blue houée'. Thé statement is thus
analytic.

But more than ﬂhis: Pap's way‘of distinguishing Yanalytic" statements
from stétements which are not of that type, leads to the conclusion that no
division or dichot§my can be set up. . In other words, Pap is unable to set up the

target which he wishes to attack,

For, if we term an analytic statement as one which is "true by virtue of

I

meanings" (as Pap does), and all other statements as ones where 'it is not the
I

case that they are "true by virtue of meanings'"'; and if we term the former "a",

i
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and the latter "-a", it‘caﬁ be seen that the basié of the denial of "a™ is "a"
itself, 1In other words,‘in order to make the denial, the gtatemént must first
be Manalytic"; that is, all "-a" statements are Basicaily gt sfatements ~-- or,
to state it crudely: there can be no "-a" without first "a".
I come now to mf second'task: to try to get Hume out of Pap's dilemma.
Pap, it was seeﬁ, coﬁclu@ed that/%ume“s division is.one Betweén “necesgary" and
"contingént” propositions (p.?h)?, By a 'mecessary" prbposition, Pap means one
i

'which cannot possibly be false'&(Glossary p.4t33). Thus, it would éeem that
Pap is referring to, what I have termed, Hume's "inconceivability criteribn";
(This criterion Hume himself does not apply to Class I Relations. -quérfheless
‘let ué hear Pap). Operaﬁiﬁg Qith tﬁis criterion, Pabvfirst makes the point that
Hume 'identifies...the conceivable with the,imaginable':(p.75); this,.indeed,
is the case.” Opefa@}ng; then, with the term Mimaginable", Pap proceeds to
'reconstruct'! 'Hume's argument' thus (p.76): first, imaginability entails'selfn
consistency (for Hume); éqd by saying that 'p is self-consistent', Pap'meaﬁs
that ‘no dontradictioﬁ is formally deducible from p'.(p.75. footnote); second,
fnot-p is imaginable' is not synonymous with 'nét-p.is (10gi¢a11y) possible'
"yet the former function entails the latter, and the latter is synonymous with

'p is factual (contingent)' (ibid); third, he now "propose(s) to show that Hume

is caught in a dilemma, [Either 'possible' is meant in the wide sense of ‘not self-

Yop. cit.

2Vide P.18 , where I listed the evidence for the synonymity of these
terms as used by Hume., ‘
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"~ contradictory!' or in the narrower sense of ‘'imaginable’. If theformer, then
"'not-p is possible! does not entail that p is contingent and if the latter, then
imaginability of'not—p, @eing synonymous with the possibility of that state of

affairs, cannot be a reason by which the latter could be proved. In othervwords,

if the latter, then Hume&s proof of the contingency of p is a.petitio pfincipii"
(pp.76, 77. Italics Pap's). |

I shall deal first with the latter alternative and the'charée of question-
begging on the part of ﬁﬁme. | |

On this criterioﬁ: The 'reason! for the imaginability (ér, conceivaﬁility)
of not~p (where p is a proposition) is not that'not—p is imaginablevor conceivable,
but that the relation between the terms is alterable; that fhe relation caﬁ be
changed, without any,difference being made to the terms.of the relation, since

(in contrast to ClassI) the relation does not depend on the terms (or, "ideas'").

i

It would be on thaf basié that the conceivability criterion would work;‘
Concerning the former alternative: the denial, on the par£ of Pap, that f
'not-p is possible! entails 'p is contingent', if "possible" is'meantlin the sense
of "not self-contradictory'". Pap's reason for this denial, is that p may be
"synthetic a priori"® ("Hdme's imaginability criterion of hecessity leaves it at
least an open question whether a given proposition may n;t be béth synthetic and
necessary".,) (p.?é).,
Such a possibility, I maintain, is straightaway ruled out by the fact
. that Humefs dichotomy oridivision.into two classes is made on the basis of those
relations which are "constant" and those which are "inconstant" and that the
division on this basis is exhaustive; there can be no third possibility for a
relationi it is either "constant" or '"inconstant". Furthermore, Msynthetic a priori"

propositions (if there were such things) translated into Hume's language, would
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mean propositions which are "intuitive' and "not-intuitive" at the same time.

I will now consider Pap's synthetic a priori contention, in another

way. According to Pap, & proposition for Hume is necessary (or, a priori) if
one cannot imagine an exception to thét proposition; aﬁd"had (Hume) properly
distinguished, like Kant, the unimaginable from the logically contradictory,

. he would have agreed with Kant that (the.proposition 'Not more than 5 straight
lines can intersect at right angles in one poinf‘)‘is'synthetic a priori? (p.77).1 )
Pép assumes, first, that all contingent propositions are, for Hume, 'emgrical
generalizations'. lHe next proceeds to consider the above proposition, saying

that it is not an empiri@al generalization, any more than.the Law of Exciuéed
Middle is such a generalization. Thus the proposition is not contingent, there-~
fore it must be necessary."Up till now, Pap hés been making use of tﬁé neceséar&/ '
contingent dichotoml.' Ndw Hume, according io Pap, would have classed this
-ﬁféposition as "néceééarj", since one cannot imagine an €xception tg it., And if

this proposition is necessary and if it is not an empirical generalization, then,

says Pap, it must be synthetic a priori. Pap's assumption, it would seem,.is that

if a proposition is neceslsary and if it is 'also not an empirical generalization,

then it must be synthetic a priori. In other words, Pap seems to be maintaining

that a necessary pfoposition is ipso facto a synthetic a priori proposition. This

does seem very queer, All that this argument seems to prove is that the proposition

is necessary i.e. that it is not contingent,

op. cit,
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The question now to be answered is: What sért.of.proposition is it
‘for Hume? The pro§05itiqn 'Space is 3-dimensional' would, for Humé, ge in the
same category as 'The straight line is the shortesé distance between two points’',
which Hume, at T,49, 50, 'points out is not "analytic' in the sense of "tautolégous".
- The proposition 'Not more than three straight limnes éan intersect at right angles |
in one point! would,'for}Hume, be seen to hold good in the same way.as 6ne,can
see that this shade of blue is lighter than that shade of blue. It is thisl'seeiqg‘,’
this 'direﬁt perception' which is the mark of an intuitive or necessary |
proposition, for Hume (as I have abundantly shown in the previous pages of this

paper),

D. ¥, Pears, in his article Hume's Empiricism and Modern Empiricism

(p.24)1 writes: 'The central contention of the first book of the Treatise is,

as Professor Ayer says, that a priori propoéitions are empty, and tﬁat any significant
proposition that -is not eémpty must be based on experience.! (Pears Fdds-a foot-

noté; 'Ct, Enqhiry.,.iv, pt.i.') (Where Ayer said this, he doesn't say; and at

the time of writing I havie been unable to discover where in Ayer this reference

to the Treatise iS)mZ

By an "empty' proposition, Pears means an "analytic" pr0position (vide

ibid, sentence preceding guotation). Pears, then, is ascribing to ‘the Treatise
the view that all a priorfi propositions are analytic, that is, tautologous, that is,

empty. )

lVide Pel

’ 21t may be that Pears means that Ayer's thesis is that 'all a priori
propositions are empty...!, and that he (Pears) is ascribing that view to Hume,
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Now, although§Hume does hold that Class I proﬁositions are.é nriori,
in his senée of that teﬁm, he certainly doés not hold that they are‘élﬁg
"analytic", in Pears' sense. | |

Since thié.shdll be discussed more fully, in the next section, where
I discuss the status of mathematical propositions for Hume, I shall here content

myself with saying that there is not a single scrap of evidence in_the Treatise
to support such a view. (Where there is no evidence, there is no view). But,
.there is evidence ffom &ume~himself that he regarded tautologies.(ﬁume preferred
té call them "identical propositions") as being.'of no conseguence' (vide T.éo,
T.127, 200, 248) Thus at T, 49, 50, he rejects the mathematlclan s 'definition

of a rlght line! as 'the shortest way betw1xt two p01nts' on the ground of the -

absurdity of it thus belng tautologous. (also guoted- by Pap op. cit. p 70).
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IIT. THE STATUS OF MATHEMATICAL PROPOSITIONS IN THE TREATIS

In this section, my purpose will be to show (i) that, for Hume,

mathematical prdpositions are not analytic in the sense of being tautologous,

nor (ii) are they synthetic-a priori or synthetic a posteriori, but (iii) that

they are a priori or necessary, in Bume's sense of that term.

* ok Kk ok R x k ok

Three of the relations (or, propositions'involving these relations)

“of Class I, namely, resemblance, contrariety, and degrees in quality 'fall more

properly under the proviﬂce'of intuition than demonstration' (T.70). 1In the

case of 'degrees of ény dquality', it may be difficult to pronoﬁncé at first sight
that x is lighter in shade than y, 'when the difference betwixt them is Qery.
small’, but, when the difference between them (two colours, say) is 'consideréble',
it i; 'easy to decide', their superiority of inferiority to each other.

Concerning 'proportions of quantity or number', we may, Hume says,

'éroceed after the sgme mbnner', and 'observe! ‘'at one view'! 'a superiority or
inferiority betwixt any numbers, or figures; especialyAwhere tﬂe difference ié

very great and remarkable!' (ibid). But, 'as to equality or any éxact proportion,

we can only guess at it from a single consideration; except in very short numbers,
or very limited portions of extension; which are comprehended in an instént, and
where we perceive an impossibility of falling into any considerable error,’

¢bid) Where this cénnot be done, 'we must settle the proportions.with some liberty,
or proceed in a more arti{icial maﬁner' (ibid. Ttalics Hume's).® In part Ii, of
Book I (Treatise), he explains this 'artificial manner!' ﬁore fully (T.47): "?is

evident, that the eye, or rather the mind is often able at one view to determine

' the proportions of bodies|, and pronounce them equal to, or greater or
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less than each other, without examining or comparing the number of their minute
parts! (his coloured mathematical points"'XEQE T.Mo)l. These judgements, he
continues, 'are not onlyicommon, but in many cases certéin and infallible.

When the’ measure of a yard and that of a foot are presented, the mind can no
more question, that the flirst is longer than the sécond; than it can doubt of
those principles,‘which Qre the most clear and self-evident!',

This, however, he qualifies: fBut tho' its (the mihd‘é) deéisions concerning
these proportions be sometimes infallible, théy are.not always sS0j...We frequenbly
- correct our first opinion by a feviéw and reflection; aﬁd pronounce those objects
to be equal, which at fi:bf we esteemed unequal; and regard an object as less,

‘tho! before it appeared greater than another, Nor i§.this.the only cofrection,
which these judgmenfs of our senses undergo; but we oftén aiscoverlour érfor by.

a ﬁuxta-position of the objeéts; of wheré that is impracticable, by thé use of some
"”commén and invariablé'meabure, which being successively applied to each, informs
us of their different proportions. And even this correction is suséeptible of 'a
new correction, and of different degrees of exactngsg; acéording to the natufe.of
the instrument by which wé measure the bodies, and the care which we employ in the
comparison.' (ibid).

lFurther (T.48): '...sound reason convinces us that there are bodies vastly

more minute than those, which appear to the sensesz...(thué) we clearly perceive,

lBetween the 'absurdity! of the system of mathematical points, and the
'absurdity' of the system of physical points, there is, says Hume, tevidently
a medium, viz. the bestowing a colour or solidity on these points’'.

2How exactly thislsquares with his contention that 'all the perceptions
of the human mind resolve| themselves into...Imprcssions and Ideas' (T.l), he never

says; and I can't say either,

e




' Hume uses the term Marth, and puts it in italics.
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that we are not possessed of any instrument or art of measuring, which can secure
us from all error and un&ertainty. We are sensible, that the additioh or femoval
of one of these minute parts, is not discernible either in the appearance or
measuring; and as we imagine, that two figures, which were equal béfore, cannot be
equal after this removal or addition, we therefore suppose some imagiﬁary standard
of equality, by which the appearances and measuring are exactly corrected, and the -
figures reduced entirely 'to that proportion.' (Italics H;me's).‘ By calling the
standard "imaginary", or "a mere fiction of the mind" (ibid), his mééning-ié that
since our 'very idea of e€quality is that of such a particular appearance corrected
by juxta-position or a cdammon measure, the notion of any. correction beyona what
we have instruments and art to make' is-thus ficfitious.'tltalicé mine) .

Thus, when he speaks of settling the proportions in quantity or number

after an,Martificial manner" (T,70), he is referring to measurement-standards;

but any standard of measurement employed for this purpose is subject to the

 qualifications which I have just been quoting in extenso,

Under the heading of proportion in quantity or number, he comprises

geometry, algebra and arithmetic. His treatment of these, I shall discuss in that

order. First, geometry: by such a subject,l he means (T.70) 'the art, by which

we fix the proportions of figures'. This 'art'! lacks 'perfect precision and

exactness? (T,71); furthermore, it can never attain such qualities, for the reason

that its axioms ('first principles') are 'drawn from the general appearance of the
objects' (ibid); and sinde these 'original and fundamental principles are derived

merely from appearances' (ibid), it can never reach 'a full certainty’.

lI use this vague word in order to avoid calling geometry a "science''.
At T.71, he states that algebra

and arithmetic are 'the only sciences! which have 'a perfect exactness and certainty!
(Italics mine). ‘ : o
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In this section Qséction 1 of Part 3), he givesfpne illustration of his
meaning: 'Our ideas seemjto give a perfect assurance, thét ﬁo two right (straight)
lines can have a common §egﬂénts;‘but if»we'consider these ideas, Qe shall find,
that they always suppose 'a sensible inclination of the fwo lines, and that where
the angle they form is.eﬁtremely small, we have no standard of a right line so
precise, as to assure usfof the truth of this proposition'. And concludes %y
'saying that ''tis the:éame cése with most of the primary decisiéﬁs:of the mathematics?
(ibid) -- that is, 'with geometry', he must mean. (Vide infra concerﬁing Algebra
and Arithmetic&l
I shall first list (and, in doing so,‘I will, for the most parﬁ, use
'Hume‘s own words, without troubling with guotation marks) what’he says in Part'B,
concerning geometry; i sﬁall, then, .refer to his fulier‘treatment of the subject
in Part 2, He remarks (T.70) that if the difference befween any figures is very
..great, we might observe at one view a superiority or inf?riority between them,
( For example, we would ndt have any difficulty.in seeing at one glance that a
triangle of altitude 1" is smaller'£han a triangle of altitude 6" - ). But,
as‘to equality or exact‘pkoportion, we can, fromAa single considération, dnly |
. guesé at it; very limited portions‘of extension, however, can be (he says)

comprehended in an instant, without our falling into any considerable error.

In those cases where the proportions can not be settled by sight, recourse is made

\to measurement. He denies to geometry the title of'a perfect and infallible.science,
for the following reason: its first principles are drawn from the general appearance

. of objects; and when we take into consideration the incalculable minuteness of

which nature is susceptible, the appearance of the object can not give us any
assurancé or security that our calculation is precisevand exact. Nevertheless,

he maintains, although it can never attain to a fgii precision and exactness,

because its fundamental principles are derived merely from appearances, these very
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principles which are the}foundétion of the subject, by their very'simplicity,
cannot lead us into any considerable error: When the e&e determines thaﬁ only
one straight line can bo drawn between two given points, and that straight lines
can not concur; such principles as these, although derived from appearances, and
thereby incapable of perfect precision and exactness, save the suoject from any
large amount of error. (i.72). |

In Part 2 (T.45)§ he writes: 'When geometry deoides anything concerning
'the proportions of quantity, we ought not to look for the utmost precision and
exactness. None of its proofs extend so far. it takes+*the dimensions and
proportions of figures justly; but roughly, and with some liberty. Its errors
are never oonsiderable; nor would it err ét all, did it not ‘aspire to soch~an
absolote perfection,' (Iﬂalics Humo's). .

In deciding the %quality, superiority, or inferiorit& of 1ineo (or,
surfaces) to each oﬁher,ﬂthe standard employed is neither that'of'an engmefation
. of the.points, which make up the line (or, surface), nor that of congrgity. The
former standard is 'ehtiﬁely'useless, and that it oever is from such a comparison
we determine objects to oe equal or unequal with respect to each other. For as
~the points, which enfer ﬂnto the composition of any 1ine.or sorface, whether
perceived by the sight or touch, are so minute and so confounéed Qith each other,
that 'tis uttefly impossible for the mind to compute their number, such a |
computation will never oﬁford us a séandard, by which we may judgo of proportions!
(T.45, Italics in toxt). The latter standard, being based on the 'equality of the
number of the points', is likewise 'useless', (T.46, 47). 'The only useful notion
of eouality, or inequaliﬂy, is derived from the whole united appearance and the

comparison of particular iobjects! (Appendix T.637)} ''Tis evident, that the eye,

1Prepared by Hume, for insertion at T,47.
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or rather the mind is of&en able at one view to determine the.propértions of
bodies, and pronounce them equal to, or gre&ter or less than each other, without
examining or comparing the number of their minute parts. Such judgments ére

not only common, but in ﬁany cases certain . infallible, .When the measure

of a yard and that of a foot are presented, the mind can no more question,jthat
the first is'longer than the second, than it can doubt of those principles, which
are fhe most clear and self-evident® (T.47).1 o -

At T.50, 51, he Writes: 'the ideas which are most essential .to geometry,
viz., those of equality-ahd inequalitywhof a right line and a ﬁlain surface,'are far
from being exact and determinate, according to our commén method of conceiving them.!
(That is, from the ‘united' or 'general appearance' of the objects). 'Not only we
are incapéble of telling§ if the case be in any degree aoubtful, when such particular
| figures are equal; when such a line is a riéht one, and:such a surface a plain one;
“but Qe can form no idea of that proportion, or of these figures, théh is firm and
invariable. Our appeal is still to the weak and falliblg-judgment, which we make
~from the}apéearance of the objects, and correct by afcompass Or common measurej;
and if we join the supposition of any farther correction, "tis of such-a-~one as is
either useless or'imaginary. In vain should we have récourse to the common topic,
and employ the supposition of a deity, whose omnipotence may emnable him to fdfm
& perfect geometrical figure, and describe a right line wifhout any curve or
inflextion. As the ultimate standard of these figures 1is deri#ed from nothing
but the senses and imagination, 'tis absurd to talk of any perfection be&ond what

these faculties can judge of; since the true perfectioh of anything consists.in

its conformity to its standard.' (Italics mine).

1Vide p. 38 for Hume's qualification to the above remarks.
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In the case of aigebra and arithmetié, by contrast, we do have a 'precise’
standard, 'by which we cin Judge of the equality and proportion of numbefs; and
according as they correspond or not to that standard, we determine théir relations,
without any possibility of error' (T.71). Two numbers are said to be equal, when
the units, of which each?number is composed, are equal: 'When two numbers are so
combined, as that the‘oné has always an unite answering to ever& unite of the
other, we pronounce themiequal; and ‘tis fof want of such a standard of e@uality
in extension, that geometry can scarce be esteemed a perfect and infallible science.!
(ibid).
I come now to.the question of the status of matﬁematica;'propositions,
. or propositions involving felatioﬁs of proportions in quantify aﬁd number.
Propositions involving sqch relations'belong to Class I, the class consisting of

propositions which yield knowledge or certainty; a certainty which is eithex

intuitive or demonstrative.

| In view of Hume's account of geometry, both in Part 3 and in Part 2, it
might bejthought that there is a division within those relations which deal with
proportions in quantity and number: that algebraic and arithmétibal propositions
are td be distinguished ﬂn type from.geometrical propositions. It might be séid,
for example, that, for‘mee (in the Treatise) geometrical propositions are
"empirical', or, "synthetic", or, "synthetic a posteriori', and that algebraic
and arithmetical propdsiﬂions are "analytic" (to use ténminology not itself
used by Hume), The view ithat propositions involving the four relations which
maké up Class I, of which proportions in quantity and number, i.e., geometrical,
algebraic and arithmetic#l propositions, are one of thgt number, are Yanalytic"
(iﬁ the sense specified by Pap and Pears, I have dealt with above) - ’

I propose to show that, for Hume, there is no such division within thore relations
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which deal with proporti&ns in guantity and number; that geometrical pfop&sitions
are not to be distinguisﬂed in type from algebraic and afithmetical'propositions.
The only difference betwaen geometrical propositions and algebraic and arithmetical
propositions is that, infthe case of the former, perfect precision is lacking,
in the case of the latteﬁ, we do have perfect precision., The 'standard, by which
we;.ojudée of the equalitb and proportibn of numbers' (namely, the procedure
of marking off the unit§;;of which the number if éomposed, one by -one) is 'éntirely
useless' as far as the pﬁbportions of figures are concerﬁed; no enumeration or
marking'off of points is bossible, due to the incalculable 'minuteness of which
nature is suscepfible.'

We havé to proéeeﬁ merelylfrom the 'general' or ‘united,appearance} of
objects. This; however, i not a distinctién.in type between the two sets of
propositions. Geometrica@ propoéitions are "intuitive" in the same w;y that
algebraic and arithmetica@ propositions are vintuitiveM: ''Tis eﬁident, that the
eye, or rather the mind i% often able at one view to determine the proportions
of bodies, and pronounce ihem equal to, or greater or less than each othef,
without examining or comp?ring the number of their minute parts,., ....When the.
measure of a yard and that of a foot are presented, the mind can no more question,
that the first is 1onger than the second, than it can doubt of those principles,
‘which are the most clear and self-evident.' ST.#?, Italics mine.).

. The grounds of this "intuitiveness",.I have shown above (p. 12 ); here I
. will only emphasize that fhe relation 'greater than' (say) holding between two
figures canvbe ‘observed! ! (T.70) in the same way as the égme relation holding
between two numbers. ThﬁsL ﬁhe fact that 'perfect precision' is lacking in geometry,
— \
does not entail the fact that geometrical propositions afe_not "inﬁqitive".
These prOposition$ are "intuitive': neither geometrical nor algebraic

and arithmetical propositions are "analytic"; nor are geometrical propositions
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empirical, synthetic, or byntheﬁic a posteriori. An empirical proposition,
for Hume, is one where'thb relation holding between the two terms is ™inconstant",

or Wvariable", or, "alterable'"; geometrical propositions are one of that number

where the relation is ''constant", or, "invariable" or, '"unalterable".

If one wants to tgrm these "intuitive" propositions "necessary! or "a prlorl”

(in Hume's sense; that 1s, in the sense that they are 1ntu1t1velz certaln)

I raise no objection to that, so long as it is understood in what sense the terms

mecessary' or "a priori'" are beling used.

R. F, Atkinson, in his paper Hume on Mathematics1 inclines towards the

view that, for Hume, mathematical propositions are "synthetic a priori". He

writes (p.127): *(Hume) came closer in the Treatise to regarding mathematical pro-.
positions as synthetic ne¢essary than analytic truthé}‘and'that it ié at least
 disputable whether a significantly different view was taken in the EnQuify.'

Bgfore offering his eyideﬁce in support of.that view, he wishes first 'to~dispose
of thé view which a quick reading of the Treatise might s;ggest that Hume there held
geometrical propositions to be synthetic a posteriori and those of arithmetic

.and algebra to be analytic.' (ibid). In dealing with this paper, .1 shall'begin

by stating Atkin;on's reaspns for maintaining that geometrical propositions are.
not "synthetic a posteriori', and that those of arithmetic and algebra are not
"analytic", While I do maintain that, for Hume, geometriéalfpropositions are not

)
synthetic a posteriori and that algebraic and arithmetical propositions are not

analitic, I disagree with Atkinson's way of showing this, Secondly, I shall deal

with Atkinson's view that hathematical'propoqitions are “synthetic a priori®f,

1Philosophical Quarterly, 1960, Vol. 10,
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Atkinson is quité clear ébout the fact that Hume did not ‘*explicitly
pose the question, Analytic or Synthetic?® (p.127, Italics mine); his whole

paper, however, seems to be haunted by this ghost. For, after offering evidence

(he quotes T.49, 50) to show 'that ﬁume does not regard geometrical propositioﬁs

~as analytic' (p.131), heiwritqs: 'Hume, then, in effect regarded geometrical

propositions as synthetiq. But, in view of hié radical empiricism, must it not be
ipferred from this that He also regarded them as a postériori?' (ibid. Italics mine).,
Atkinson's answer is: No. But, before producing evidence in support of his answer,

he interprets Leroy as holding that for Hume geometrical propesitions (or, axioms)
are "synthetic a posteriorit. (xigg footnote 10, p. 131)., Such an interpretation
of Leroy is, I think, wrong. Indeed, it'would commit‘Leroy to holding that,

for Hume, algebraic and a&ithmetical propositions are likewise "synthgtic a
posteriori®.: For, what Lkroy says about these two sets of mathemétical propositions
(geometrical and algebraic and arithmetical).is the same for each.' Leroy  writes:

. s . L. . ) .
'Dans le cas des relations d'idees, il n'y a qu'a bien considérer les objets

s - .
- presents aux sens pour discerner leur rapport de grandeur. C'est une perception,

directe ou indirecte; c'est une vue instantande. Chague pas en @vant dans une

~ . . ‘ ] £ . .
demonstation se fait par une vue de ce genre. Sans doubte, c'etait cet empirisme

gébmétrique que Lord Stanhope condamnait., Mais Hume est formel; la gé%métrie porte
sur des apparénces sensibﬁgs, méme si ces apparences sont les plus évidentes et

les moins trompeuses.’ (p.76, footnote 4). And speaking of aiithmetical
propositions (pp.77, 78), he writes: 'L“arithméfique arrive a plus de certitude,
parce qu'elle dispose d'un critére précis de 1'égalite de deux nombres., Elle fait

P . . " »
se correspondre une % une les unités qui constituent les deux nombres., On peut

Lop. cit.
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donc €tablir de longues ¢hd§nes dé raisonnement sans crainte dYerreur...Mais, ici

s . ‘ /o a s .
encore, clest la perception directe dfune egalite, ou d'une egulvalence, gui

assure la rsctitude d'uniraisonnement et la certitude des resultats'. (Italics

mine in both quotations),

It is this 'perception directe!, this 'vue instaﬁtanéé' wﬁich is fhe mark
of an "intuitive" or necéssary or a priori proposition for Hume, . |

The evidence pro&uced by Atkinson tc show that geometrical.propositions
are noﬁ synthetic a pésﬂeriori", is the same evidence which ieads ﬁim to conclude
that such propositions are "synthetic a priori". He writes (pp.131, 132): '...the
following passage shows (that Hume) was prepared to accord the highest necessity
‘rating to a patently synthetiC‘propositiqn -~ and, as for Kant, so for Hﬁme
. neceésity is always a’mark of the E;Efigfi: M Tis e;idént, that the e&e...self-
evideﬁt"' (p.H?)l' Before discussing thié,-the way inhhich‘Atkinsén shows
..aigebraicband arithmetical propositions not to be analytic, will Be discussed.,
Atkinson takes an "énalytic" proposition to be one the negation of which is a
formal contradiction ('anéljtic in the sense of having formally contradictory
negations' (p.128). He remarks that, although Hume does use the term "contradiction™,
'it dogs not appear...thaf he confines the term "contradiction'" to the sense of -
"formal contradiction" '(p.128); 'Hume's usual practice is.to use "contradictory"
as a siméle synonym for "inconceivable", and indeed to use the latter as if it
‘were synonymous with "unimaginable" '(p.129), And, says Atkinson, '(Hume) .

certainly holds that (the negations of mathematical propositions, or of "relations

1The reference is |to the page number in the Selby-Bigge edition. (Quoted'
in full by me on Po 41 e
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of ideas" propositions generally) are inconceivable so long as thé'ideas compared
togethef‘femain the same! (p;128. Italics mine); but thié, as Atkiﬁson says, does
not involve a formal conkradiction. Atkinson now proceeds to the remaining tﬁree
relations (or, propositibns involving these relations)i of contrariety, he séys:
'Any proposition Hume wo#ld regard as‘asserting contrariety (it has to be
remembered that the only' ideas in themselves contrary are existence and non-
existence), say,."there cannot both be and not be X's" would of coufse be analytic,
for it cannot be denied without formal contradiction. But tﬁe case is different
with pfopositions asserting resemblance or degrees in qﬁality. It is unfortunate
that Hume gives mo explicit examplés, so that one cannot be.sure that.he would
include under this head so patently synthetic a propositian as "Tom is more 1ike
Dick»than he is like Harry", but he.could surely not repudiate the following . '
exémples:-"Blue is more like green than it is like scarlet"?..."'Black differs |
from white" .,..and 'Ice is colder than steam", Of such propositions it can ét

" the very.least be said that they are not obviously analytic-they have close
affinities with such notorious contenders for the role of synthetic necessary

truth as "Nothing can be red and green all over". And it is completely ciéa; that
Hume does not'think that the truth of such propositions follows froﬁ the

definitibns of their terms. He.rather thinks that they are "seeh“.to be true

- when the objects in question are presented in the sense of observed or imagined.

He even takes this view of a proposition asserting a proportion in quantity- "A

yard measure is longer than a foot measure'- which could very plausibly be held

1Atkinson inserts in parenthesis the sources of these examples,
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to be true by definitionw(p,47)1; It‘would, of course, be gfotesque to read
.into these passages a delfinite contention that mathehatical fropositioné are
synthetic necessary truths. But it is surely clear that this possibility is
not even by implication excluded ...Mp.129, 130). And on page 132, he writes:
',..the main burden of this paper is that it is misleading to classify Humeé's
views by reference to distinctions which he did not himself make. But, if:this-
. is to be done at all, thp least objectionable way- to do it seems to me to be to
| regard Hume as holding, like Kant, that the propositioné pf geometry ére synthetic -
a Efiori i,e. necessarily true but to be established no£ by the ana;sis of.
-concepts but by an appeal to intuition., 'I will also qubte Atkinson's remaining
words (a$ far as the Treatise’is dealt’witﬁ by him), since I propose to deal with
this contention that mathematical propositioﬁs, forngme, are "synthetic a
priori"; and also Qith the following: 'Kant', says Atkinson, 'is, however,
‘undoubtedly the more thrbugh and selfmconsistent in working out his view. He saw
" that if geometriéél fropésitions were a priori then the 'intuition in question
must be pure intuition, and that space must be a pure (éorm of) inéuition.
e sHume's "official" viewvof space and time is...diametfically opposed to
'Kant's but there are nonetheless not infrequent indicatiéns in £he-Treatise

that Hume was sometimes tempted to modify his view in the Kantian direction.

This has been noticed by several of Hume's commentators. TFor instance, C. W.

Hendel in his Studies in.the Philosophy of David Hume (Princeton, 1925. Chap. V)
and by Kemp Smith, who writes: "Since the only impressions which (Hume) has allowed

are impressions lacking in any element of extension or duration, the spatial and

1The reference is to the page number in the Selby-Bigge edition,
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temporal features so undeniably apprehended by the vulgar consciousness have

to be treated as non—emﬁirical, and therefore, by implicétion, as being a priori"

(The Philosophy of Daw}idj Hume., 1941, Reprint 1949, p.548, and cf. pp.288-9)' (p.132).
Before I deal with the %synthetic'a priori" cbntention, the first business to clear
up is this'business of Wintuition", and the supposed temptation, on the part of
Hume, to modify his viewiin the Kantian direction'. One of Hume's commentators,

C. W. Hendel, in the new edition (1963) of his Séudies, no 1ongér holds the position
referred to by Atkinson;i2 chapter V of the original edition, he omifted entirely
from the new edition (1963); éubstituting in its stead "Appendik III, On Space

3

and Time: Correction of Former Errors," The criticisms levelled by W. T. Parry

against Hendel's view ofl Hume on Space and Time are conceded in that Appendii by
Hendel. The gist of Parry's criticism being: 'spacé and time relations are |
directly perceived! (Stugdies, p.502), Hendel had.triedi'to show that Hume suggests
that space and time and pur ideas of them are produced b& the imagination'; that

it had beén suggested, according to Hendel; by Hume, 'that the "manner™ in which

" we perceive objects in space and time representé our mental disposition' (Studies,
p.SOO). In other words, what Hendel had been maintaininé.is this: Huﬁe ﬁad classed
contiguity in space and time as a "natural rélation, and since all natural
relations are 'the effect of operations of the imagination!' (the words are Hendel's,
op. cit.’p,BOl), contiguity in spaé% and time is 'the effect of operations of the

imaginationt, Parry makes his point'by citing T.73: 'All kinds of reasoning consist

1Thls quotation continues (it is not continued by Atkinson): 'For though Hume
does not himself draw this conclusion, his use of the phrase "manner of appearance”

amounts to a virtual adm1s51on of it.!

2It is to be noted Atkinson's paper was published in 1960, and thus the new
edition of Hendel's Studles was not available for his consultation. Whether Atkinson
himself would agree with:llendel's 'correctlon of former errors®, 1 do not know .

3Vide: Studies (New York: The Bobbs—Merrill &, Inc., 1963).
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in nothing but a com arison, and a discovery of those rélations, either constant
or inconstant, which twd or more objects bear to each bt#er...When both the
objects are present to the senses along with the relation, we call this perceptionv
rather than reasoningé nor is there in this case any exercise of the thoughf, or
any action, propérly speaking, but a mere passive admission of tﬁe impressigns
thro' the organs of sensation. According to this way of'thinking, we‘ough% not
to receive as reasoning any of the observafionsvﬁe méy make ééneefning identity,

and the relations of time and place; since in none of them the mind can go beyond

what is immediately presgent to the senses...' Parry comments: 'From this it

. appears that two objects in spatio-temporal relations may be both "present to the

‘senses Along'with~the relation, and that this is a case of perception, without

any action of the mind; hence without any action of the imaginatioﬁ. So I hold

tﬁat, for Hume, the relations of space and time may more properly be said to’ be

. Beréeived than produced by the imagination (Studies, p.502, Italics in text).

Hendel comments: 'Parryﬁs contention is entirely justified: space and time
relations are directly perceived' (ibid). Parry continues: '...as to Mr. Hendel's '
contention that, since the ideas of space and timé'are complex, Hume should gxplain
"the formation of such ideas by the principle of an imagination operatiﬁg according
to its,ﬁative tendencies." Hume neveq.intimates that 2}; cpmplex ideas are formed B
by imagination' (ibid).

Up till ndw, I have been concerned Eﬁll with making Hendel's position clear.
I want now to take up some of Parry's points. His citation of T.73, to show that,
for.Hume, spatio-temporall relatioﬁs are 'directly percéived', does not solve the

problem (as it stands),l‘it merely accentuates it.

1Since we do not have the whole text of Parry's paper (only selections of it
from Hendel), I do not know in what detail the problem has been dealt with by Parry.
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When Parry maintains that Hume does not maintain that 'all complex

ideas are formed by the ﬁmagination', he must be reférring to Hume's statement
(T.13): 'Amoﬁgst the effécts of this union or association of ideas, there are none
more rémarkable, than thbse complex ideas, which are thé common suﬁjécts of our
thoughts and reasoning, and generally arise from some principle éf‘unionvamong
"our simple ideas' (Italiés mine)., 1In other words; it would seem that Hume is
here maintaining that nof all, onl& some complex ideas are the teffects' of
'association', But; at thé beginning of this section (4), Hume had been employed
abbut the task of explaining wﬁy it is tﬁat, 'as all simple ideas may be separated
" by the imaéination, and may be united again in what form it pleases', ‘the same
simple ideas...fall regularly.into complex ideas (as they- commonly do)! (T.lO),
and had given‘his explangtion in terms of a 'uniting principle* or *bond of union’
or ‘associatiop” or 'attraction' among the simple ideas:.'ﬁothing wouid be more
unaccounéable than the.opefations of that faculty, were it not guided by‘some
universal principles, whiich render it, in some measure, uniform with itself in all
times and places! (ibid). The simple ideas qnité together by attfac£ion, thus
forming complex ideas or wholes; just as a house (a whole, a complex idea) is -
made up of bricks (simple;ideas) and cement (the attraction or uniting.principle)%
It may, however, be objected that Hume's use of the word "commonlyﬁ, agaln suggests

thatinot all complex ideas are §é constructed, It seems, then, by no means

precisely clear whether all complex ideas are 'effects' of 'association', But,-

lI am making use of the illustration given by J. A. Passmore in Hume's
Intentions (p.106), Cambridge University Press, 1952. Hume in the Abstract speaks
of the 'cement of the universe’,
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what is precisely clea; is that Hume subdivides complex ideas into relations{i
Modes and substances (T.13). Now, if relations are that species of complex
ideas which are the 'effects' of ‘association', and, if by this is meant that
relations are 'produced by fhe imaginationb(i.e. by a 'uniting principlé' among
simple idezs which 'guidés‘ the imégination——-Hendel.must mean)' then Parry's
poiht'that not all complex ideas are ‘'effects! of"association' is beside éhe
.point; But, if relations are complex ideas, andﬁcomplex ideas a?é produced by a
‘uniting principle' among the simple ideas,'then, when Hume maintains that thié
‘uniting principle' or 'association'! 'arises from' the relations of resemblance,
contiguity in time or place, and cause aﬁd effect,(T.llj; he is Saying ?hat the -
'uniting principlet arises from these three relatiéns; ''Tis plain, that iﬁvthe
coﬁrse of our thinking, and that iﬁ the constant re;olﬁtion of our ideas, our
imagination runs easilj from one idea to any other that:resemblés it, and that
- this quality alone is to the fancy a suffiéient bond and association. '"Tis
likewise.evident, that as the senses, in changipg their‘objeéts,'are necessitated
to change them regularly; and take them as they'lié éontiggous to each other, the
; :
imagination must by longjcustom acquire the same method of thinking, and run along
the parts of space and tﬂme in conceiving its objects. As to the conné¥ion, that

is made by the relation of cause and effect, ...there is no relation, which

‘produces a‘stronger connexion in the fancy, and makes one idea more readily recall
another, than (that relation) betwixt their objects' (ibid. Italics Hume's),

Thus, it would seem that there is an e#ident circularity: relations give
risé to the uniting principle among simple ideas, and the uniting principle gives

. . 1
rise to relations.

le. M. R. Annand, The Monist; 1930 Vol. XL, pp.585, 586: t0On the one hand,

. association is treated by (Hume) as that which gives rise to ideas of relation, and,
on the other, ideas of relation are treated by him as the features that give rise to

association,'.
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But, Hume distinguishes relations into two kinds, those which he terms
"natural’ (T.15, 170), and those which he terms "philosophical (T.14): 'The.
word ﬁelation is commonlyiused in two senses consideragly different from each
other, Either for that qpality, by which two ideas arezconnected'together in the
iﬁagination, and the one paturally introduces the other (by attraction); or for
that particular ciréumstahce, in which, even upon. the arbitrary union of two ideas.
in the fancy, wé may thiﬁk proper to compare theni,! (T.}B). And those relations
which give.rise to an faﬂtfaction' or Yuniting principie* among the simﬁlé ideas,
are what Hume terms "natural" relations. And when Hume says that the term reiation,
in the sense of "natural"‘relation, 'is always the sehsé, in which' we use the word',
, ‘
‘in common languégé“, ‘and *tis only in philosophy; that we extend it to mean.any
particular eubject of com@arison','it would seem that he is restricting the use
of the word to the 'common language'! use. Thus, when helsubdivides complex ideas

into relations, modes andisubstances, the relations to which he is here referring,

it might seem, are those !"matural'" relations. In the passage cited above by

Parry, spatio-temporal relations there are being discussed by Hume as a "philosophical™
relation (whether Parry himseif is aware of this, I do not know, since we do not
have the text of the wholé papers; only selections of it from Hendel)., Thus, if

Hume is restricting the term "relation" to "natural™ relations, and if the spatio-

temporal relation here being discussed is a "philosophical" relation (as it is,

_ in the above passage), then, Hendel's contention that it is a product of association,

is justifiably criticised by Parry,.

1Kemp Smith seems' to understand Hume as 'limit(ing) the term "relation" to
'natural" relationt (p.252 . cit), He writes (pp.251, 252): 'Common language,
(Hume ) suggeSts, allows resemblance to be a relation only when some perception, itself
already in the mind, calls up some other idea owing to the resemblance between them;
it does not properly a]low of its being described as a relation when discovered through
the comparison of two ideas already both present to the mind.' He further writes

(pp.ZSO 251) '.o.ln traklng the manlfold effect", 1._. produpt\, of aSQOﬁiation,
modes




(Continuation of footnote from page 50)

and substances, Here he is following the classification of- complex ideas given
by Locke in the first three editions of the Essay. Presumably Hume's copy of the
Essay was in one of these editions. In the fourth edition of the Essay Locke

had inserted a passage in which he shows appreciation of the fact that the really

fundamental distinction is not between simplicity and complexity, but between
primary or original and secondary or derivative. All non-primary ideas are based

on primary ideas; but it is not merely by an act of mechanical assembling or

combining that they arise out of them. In the case...of ideas of relationé, an act

of the mind is required: bringing two ideas, whether simple of complex, together,

and setting them one by another, so as to take a view of them at once, without uniting
them into one; by which it gets all its ideas of relations (Essay, Book II, ch. 12).
Ideas of relations...not being due to a process of compounding, are not properly
describably as complex...ideas, and are not therefore explicable merely by means

of the mechanism of association. As being '"philosophicgl!" relations,; they are not

‘a sub-species of complex 'ideas, but distinguishable from and co-ordinate with them,
Hume's adoption of Lockels first and cruder method of classification is what has

made possible for him hlS attempted restriction of the term "relatiomns" to what he

entitles the '"natural" relatlons... o
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Moreover, it seémé‘to me that.Hendel ﬁas beeﬁ seriously misled by
Hume's use of the term "ménﬁer". Hendel curiously says (p.##l)l: "the use
of the term "“manner"...does not séem "makeshif't"2 if one bears in mind Hume's
classical education...forM"manners" like "customs" harks back .to the Latin root
o%'"morals"f If..mHumé came into philosophy through the."gatewayhof'morals"a,
what could be more natural than the use of "mann;r" to signify man's way in
the case of perceiving...f'. lEEEEv it is to be asked, has "manner™ fo do with
"ﬁanners" (mores) or "customs'} | |

It is peffectly'clear from these remarks of Hendél's that Hendel is
regarding the'spatio—temporal relation as.a "natural® rélation. Hume never
maintained that all relations of space and time are '"natural!, only contiguitz
in piace or time.wés listéd as one of the three 'maturall réiations. Moreover,

in the context with which we are dealing with that relation, Hume is speaking

of philosophical relations.

As noted, Atkinson cites Kemp Smith (pp.54s, and 288-9)4.  Since the
point of Kemp Smith's comments there, is that the 'manner of appearance' (T.34 )
is not an 'impfession', iﬁ would seemlthat this interpretation cfHume by Kemp
Smith,; leads Hume, according to Atkinson, into the Kantian position; The point.
maée in the two passages from Kemp Smith (one of which is quoted by Atkinson, the

other of which is not) is the 'same. The second passage (pp.288-9) has a direct

lQE. cit,
2Kemp Smith's term (op. cit. p.289) for Hume's way of talking about the
ideas of space and time,

3Kemp Smith's phrase, and also his belief,

*op. cit.



reference‘té geometry and I shall quote it (it is not qubtéd by Atkinson)l;

and immediately follqwiné tﬁe.qu§tatibn, I shall refer to Hume. Kemﬁ Smith
writes: 'Hume's treatment of geometry as being an inexact science has customarily
been regarded as prescribed for.him by his sensationalisﬁ. This...is not really
a tenable interpretation., Hume takes a non-sensationalist view.of space and time.
He has refused to adopt ﬁhe easy line of treatiﬁg extensity and @uration‘as
.disclosed-in simple impressions. (Had he dong so, he would have ﬁad to allow
.that the impressions, thever simple, are, at least in thought, divisible, and

he would not therefore have been able to employ the arguments upon which he has
relied in refuting the hypothesis of infinite divisibility)!

1 take issué with this, and with the contention that the 'wanner' is
not an 'impression'. i will begin with the latter con%ention.

Let us hear Hume (Part II, Section 3, pp.}f, 34); he begins by invoking
.”hisxprinciple: 'No discovery could have been made. more happily for deciding all
conﬁroversies concerningjideas, than that impressions always take the precedency
of them, and that every idea, with which the imagin%tion is furniéhed, first makes
its appearance iﬁ a corréspondent impression...Let us apply this principle,.in
order to discover farther the nature of our ideas of space and time. ﬁpon opening
my eyes, and turning them to the surrounding objects, I perceivé many visible
-bodies; and upon shutting them again, and considering'thevdistance betwixt these
bodieé, I acquire the idea of extension. As every idea is derived from some
impression, which is exaétly similar to it, the impressions similar to this idea

of extension, must either be some sensations derived from the sight, or some internal

lFor the passage from Kemp Smith quoted by Atkinson, Vide supra p..49,
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impressions arising from these sensations, Our internal impressions are our
passiops, emotions, desires and aversions;'none of which, I believé; wili ever
be asserted to be the moiel, from which the idea of space is derived. There."
remains therefore nothing but the senses, which can convey to us this original
impression., Now what imﬁression‘do our senses here'cpnvey to us? .Thig is the |
principal question, and decides without apbeal concerning the nature of the idea.

. The table beforé me is alone'sufficient by its view to givé me'the idea of extension.
This idea, then, is borrowed from, and represents some impression? which this
moment apéears to the'Seﬂses. But my senses conve& to me only the impressions
of co}oured peints, disposed in a certain manner, If the eye is sensible of any-
thing farther, I.desire it may be pointed out to'Me. But if it bé impossible
to show.anything further; we may conclude with certainty, that the idea of extension
is nothing but a copy of;thqse‘coloured points, and of the manner of their
appéarance.'

And, since 'time! is aiso a 'manner', I am going to quote‘Hume on that
too (both passages may throw the proper 1ight on this whole problem). -

ﬁe begins by iﬁvoking the principle, namely: 'Whatever objects are different
are distinguishable, and that whatever objects are distinguishable afe separable
b& the‘thoughf and the imégination.'1 The first full formulatiﬁn of thié principle
is at T.18 (which I have just quoted), At ' T..10, we have the first indication
of it (so far as I can sep): "Where~ever the imagination perceives a.difference

among ideas, it can easilb produce a separation,! The formulation of it at the

lIt is also ‘'true in the inverse', i.e. 'converse',



passage, I am now going to quote (T.36) is as follows: 'Everything, that is
different, is distinguiéhable; and.everythiné, that is distinguishable,'may be
separated' (by the thoughﬁ and the i%agination);

He writes (T.36, 37): 'In order to know whether any objects, which %re'
joined in impression, be separable in idea, we need only consider, if they be
different from each other; in which case, ‘tis plain théy may be conceived apart.!
....(hé then quotes the principle, I cited above)...'if on the conﬁfary'they be
not differept, they are not distinguishable; and if they se not distinguishablé,
they cannot be separated. But this is pfecisely the case with respect to‘time,
compared with our successive perceptions, The idea of time-is not derived from
a particular impression mixed up with others, and plainly distinguishable from themj
but arises altogether from the ménner, in which impressions appear to the ﬁind,
without making one of thejnumber.' Five notes played on a flute give us thé
" “impression and idea of time; tho' time be not a sixth impression, which presents
itself to the hearing or éﬁy other Qf.the senses, Nor is it a sixth imﬁression,
which the mind by reflection finds in itself ...it (the mind) only takes notice
of the manner, in which the different sounds make their appearance; and that it
may afterwards consider wﬂthout considering these particular soun@s, but may conjoin
it with any other objects. The ideas of some objects it’certainly must have, nor is it
possible for it without these ideas ever to arrive at any‘cbnception of time;
which since it appears not as any primary distinct impression, can plainly be nothing
but different ideas, or impressions, or objects disposed in a certain manner,
that is, succeeding each ther." |

From the first éuomation, it can be seen that 'the idea of extension is
nothing but ; copy of these coloured points, and of the m;nner of their appearance’',

7
From the second quobtation, it can be seen that 'the idea of time .is not
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derived from a particular;impression mixed up with others,and plainly distinguishable
from them; but arises entirely from the manner, in which impressions appear to the
mind, without making one of fhe number,..(it is) nothing but diffefent ideas, or
impressions, or objects.disposed in a certain manner, that is, succeeding each
" other?', |

»With respect to eXtenSion, he is maintaining that the idea of'it; is a
copy of thev'coloured pdiﬁts‘ and of their arrangement; or, to express this in a more
accurate way, it is a EQEX of the arrangement of the 'coloured points'; that is,
.a copy of the Eositions of the fcoloured points! (coloured points or Just one.
coloured point must have ﬁosition, that is, arrangement) and when Humé speaks of
"manner®, he means 5arran$ement', fhat is, 'positions'. Now, these 'positionéﬂ
or 'arrangement! of the péints; is a complex impression, an impression which is
'cépied' in idea. |

With respect to time: 'the manner in which thé different sounds make their
appearance', is not 'any ﬁrimary distinct impression,.(it) can plainly be nothing
but different ideas, or iﬁpreésions...disposed in a certaln manner, that is,
succeeding each other'., Again, the disposition or arrangement iéia complex
impression, an impression which is copied in idea. 'And complex impressions are
a collection of simple impressions., Hume (at T.38) refers to the 'impression'

which represents (that is, copies) extension, as a 'compound impression', that is,

. a complex impression. vHe writés: "That compound.impression, which represents
extension, consists of several lesser impressions, that are indivisible to the eye
or feeling, and may be’called impressions of atoms or corpuscles endowed with colour
and solidity. But this is not all. 'Tis not anly requiéite, that these atoms
should be coloured of tangible, in order to discover themselves to our senses;

'tis also necessary we should preserve the idea of their colour or tangibility in
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'order to comprehend them by our imégination. There is nothing but thé idea of
vtheir colour or tangibility whicﬁ can render them conceivable by the mind. Upoﬁ
the removal of the ideas{of these sensible qualities, tﬂey are uitefly annihilated
to the thought or imagination.? (T.38, 39).

What I have been‘shoﬁing is that the 'manner' is a complex impression,
or a ‘compound impression', as Hume calls it.l o | | -

But, now we run into two problems. The problems are these: (i) what is

the exact content of Hume's fundamental principle?; and (ii) in what wéy exactly

does he employ it? (And @y'that I mean this: when Hume asks for the 'impression!

to be pointéd out, it is to be asked, what kind of impression? Simple or Complex?
.. These problems confronted me in a previous paperz; @ere I will merely say that

even if the impression is complex, the matter stands tﬁus: althdugh there are some
vcomplex impressions which.are not exactly copied in idea (T,3: 'I obser&e, that
“many of our complex ideas never had impressions, that corresponded to them, and that
many of our complex impressions never are exactly ;opied in ideas...I.have seen
Paris (complex impression); but shall I affirm I can’form such an idea of that
city, as will perfectly fepresent all its.streets and houses_inAtheir real and

just proportions?t), the‘fact that the idea is‘not an exact representation df the
complex impression, does not thereby mean that it is no genuine ideé; it is genuine
(as genuine as the idea of Paris), it is an idea which is made up out of a mass of

simple impressions, albeit that they (the simple impressions) are not all exactly

1Contrast this with Kant: 'That in the appearance which corresponds to
sensation I term its matter; but that which so determines the manifold of appearance
that it allows of being ordered in certain relations, I term the form of appearance.
That in which alone the sensations can be posited and ordered in a certain form, cannof
itself be sensation; and therefore, while the matter of all appearance is given to us
a posteriori only, its form must lie ready for the sensations a priori in the mind, anc
S0 must allow of being considered apart from all sensation. ! (59?65,35&. Critique of
Pure Reason, trans. by N. Kemp Smith. New York: St., Martin's Press, 1965,Italics in te>

2"Idea" in the Enpiricist Programme of Locke, Berkeley and Hume. (Written in
a course conducted by my tuter. Dr. :‘ames Noxon), .
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represenﬁed or copied in 'the idea which we have.

M. R. Annand (An'"Examination of Hume's.Theory of Relations!) p.588)1
correctly (that is, from the point of view of the‘evidence) reﬁarké that Hume
'describes extension as '"a compound impression...', but Annand goes on to raise
some objections to this. I shall quote what Annand says, since 1 propose to deal.
with it. Annand writes: ;f,.ﬁnless'these "iesser imfressions" *(vide the quotation
from Hume's text.on page 59) 'can be regarded as present together, they must follow
one another, and thus p?ecede the "compound impression’. On the iatter supposition,
extension would consist of parts none of which could be present at the same time,
and all of which must cease to be present before extension itself could come into
being. But the former supposition is precluded by what Hume incﬁlcates in regard
to time.. It is true he dbes not éssert in so many words that all visual impressions
must be successive, buf he gggé‘assert that. "the impressions of touch," which |
| along with those of sight he had represented aé constituting.the Y'compound impression'®
of extension, '"change every moment upon us." And after having made/out extensién

to be a compound of coexistent impressions, he proceeds to speak of the idea of

time as derived "from the succassion of our perceptions of every kind, ideas as well

‘as impressions". The parts of timevcannot, he urées, be coexistent; and seeing
that "time itself is nothiné but different ideas and'impressions succeeding each
other," it wouid follow that "the{parts of timé" are those "perceptions of every
kind" from which the idea‘of fimeiis derived; If, then, all impressions, as parts

b

of time, are successive, how can some impressions, as parts of space, be coexistent?!'

(pp.588, 589). (Italic's Annand's).

Lrpe Monist, 1930, Vol. XL, pp.581-597.
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. ‘ the . . : . .
Hume's reply would be: /tcompound impression' as a whole, is a co-existent;

- it is one 'perception'. Time is derived from a succession of these co-existents.

'As Hume puts it at T.237:;'(the'compound impression) is co-temporary in (its)
appearance in the mind.' (Italics mine). |

Cbncerning Kenmp Shith's second point, namely that had Hume treated
extensity and duration asfbeing 'disciosed in simple impressionS',l‘he wouid have
had to allow that the impréssions,.however simple, are, at le%st'in thoughg,
aivisible, and he would nbtjtherefore have been able to employ‘the arguménts upon
which he has relied in reffuting the hypothesis of infinite divisibility': first,
I have pointed out that extension (and time) are, for.Hume, Eomplex impressions
or 'compound' impressions, and these complex impressions are a collection of simple
impressions., Secondly, although the simple impressiohs are 'at,least-ih thought
divisible', nevertheless this process of division is Egi‘infinife, according to
-‘Hume. He writes:(T.Z?):"Tis...certain, that the imagingtion reaches a minimum,
and may raise up to itself an idea, of which it can#ot conceive aﬁyfsub;diviéion,
and which cannot be diminished without a total annihilation.' And again (ibid):
117is the same case with the impressions of the_seﬁses as with the ideas of the |
imagination, Put a spot of ink upon paper, fix your eye upon that spot, and fétire
tosuch a distance, that amblast you lose sight of it; 'tis plain, that the moment
before it vanished the image or impression was perfectly indivisible...' 'Again'at
T;32: 'tTis certain‘we ha&e’an idea ofvextension...(and) that this idea, as - o
conceived by the imagination, tho' divisible into parts or inferior ideast 15 not
infinitely divisible, nor consists of an infinite number of parts: For that exgeeds
the comprehension of our limited capacities. Here then is an idea of extension,
: whiéh consists of-parté or inferior ideas, ﬁhat are perfectly indiyisible...'.
At T.39, he writes: 'The capacity of the mind is not infinite; consequently no

idea of extension (or duration) consists of an infinite number of parts or inferior



Annand (op. cit.) makes the same kind of objection as that of Kemp

Smith noted bove. Annand, in the context of Hume on lines, surfaces and points,
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ideas, but © a finite nunmber, and these simple and indivisible...'. '
writes: '.., hen he (Hume) comes to explain what is meant in geometry by a line,

surface, or olld his fallure to do so is...apparent. Bach of these is, he

comprises the same number of "p01nts"' (T 1nterrupt here in order
i

s position clear° I have remarked above, p.4f, that Hume regarded

avers, a complex of "coloured p01nts" so that one line is equal in length to
another if i
to make Hume

this standard of equality as 'entirely useless, and that it never is from such

other (T.45. Italics Hume's)) 'But these "poinis" are so minute and eo confused

with one another that there is no possibility of counting them. It.is, indeed,

difficult to|treat such a statement seriously, If a line be a collection of

a comparlson/we determine obgects ‘to be equal or unequal with respect to each
"eoleured po nts", it can ionly be made up of coloured surfaces lying side by side,
and separated, therefore, frem.one another.. How could tﬁese coustitute a line,
or even a continuous surfdce? Not only so. Each."coloured point", or surface,
would be divisible into péfts, and‘these again into smaller parts, and so on
indefinitely! (pp.591, 592). | '.

| The short answer to the latter statement is, that for Hume, the case is
not so (as I have shown aHove).‘ Hume, by maintainiug'thet 'the capacity of the
mind is limiied (T.26), a factlwhich is 'universelly allowed' and uhich is

'evident from the plainest observation and experience' struck at the root of the

contentions of the devotees of the doctrine of infinite divisibility.

Rega ding the pther objections, on the part of Annand, that on Hume's
idea of a line, there could not be any such things as lines, Hume, it has to be
admitted, nowhere makes clear how "coloured points"'lying contiguous to each other,

can make up a continuous line. This. objection, however, is based on the assumption
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that a line is that which is not made up of points, But is that which is a
continuum, Hume, in reﬁly, might reject suéh an idea of'a'line.

I have'been concerned with showiﬁg that the view ﬁmeﬁtioned by Atkinsbn)
that there is some,back—slidiﬁg9 on the part of Hume, into the Kanfian position,
does not square with the évidence from Hume ﬁimsélf? space and timé relations
are 'directly perceived'; 'and the 'manner! of the 'appearance' of the "coloured
points?® is a ‘COmpoundvimpréssionf,

As was seeﬁ above, (p. 45 ) Atkinson did not restrict ﬁhe "synthefic
a'priori" interpretation &erelx to geometrical propositions, he included also
the propositioﬁs of algebra and arithmetic. Such an interpretation of ﬁume Just
won't work, éné it won't work for this very short reason: Atkinson (like Pap)
‘seems to have ignoréd the very ground of the division, fhe'"éonstant"/"inconStantﬁ
relations base and its grdﬁn&s. To talk of.a "synthetic a priori propositién is

‘to talk of a prop&sition, where the relation holding between the two terms is at

one and the same time 'constant™ and '"inconstant", Tp talk of a synthetic a Eriori
proposition would be té t&lk of a propositioh, where the relation holding

between the two terms of ﬂhe proposition would, at one gnd the-same time, be
"constant™" and "inconstantM. TFor, a 'synthetic!' propdsition, for Hgﬁe, would be

one where the relation holﬁiqg between the two terms of the'propositiqn is
"inconstant" or "alterableh ‘without any change in the ideas' (T.69). That is,
‘the relation does not vary with the "ideas". And an ‘'a priori' proposition, for
Huﬁe, would be one where the relation is '"constant" or "invariable" or "unalterable™
(T.73, 69, 79 fespectivelyb. The ground of this constancy or invariableness of

the relation being the makeé-up or composition of the."ideas" or terms of the
proposition. These relations 'depend entirely on the ideas' (T.69), ie the relation

varies with the "ideas" (any change in the ideas makes for a corresponding change

in the relation which holds between the ideas),
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IV. The Division in the First Enquiry

In the Treatise (Book 1, Part 3, Section 1), Hume had said: 'All kinds
of reasoning consist in'nbfhing but a comparison, and a discovery of those
relations, either constant or inconstant, which two or more objects bear £o each
other!'! (T,73). Those rel&tions, whether "congtant".or "inconstan?", were classed

under the heading of "phiiosophical" relations, of which he sald there were seven

in number, He divided these seven intq two classes, one of which contained four
of these seven "philosophical" relations; and these four he termed "constént"

of “"invariable" or "unaltbréble", since they ‘'depend entirely on the ideas, which
we compare togethérf (T.69).' The other of the two clasées was made up of the
remaining three relations, These relations were "inconstant" or "variable", since
they were 'such as may be changed without any ch;nge in the ideas! (ibigj.

K

In the First Enquiry, Huqé says: 'All the objects of human reason or
/ ’ . ' :

enquiry may naturalLy be divided’into two kinds,...Relations of Ideas, and Matters
of Fact, Of the flrot kind are the sciences of Geometry, Algebra?,and Arlthmetlc,

and in short, every afflrmatlon which is elther intuitively or demonstratively

certain. That the square‘of the hypothenuse is equal to the square of the two sides,

* That three times

is a proposition which expresses a relation between these figures.

five is equal to the half of thirty, expresses a relation between these numbers.

Propositions of this kind‘are discoverable by the mere operation of thought, without

dependence on what is anywhere existent in the universe. Though there never were

a circle or triangle in néture, the truths demonstrated by Euclid would for ever

retain their certainty and evidence' (E.20).

1All references to the First Enguiry are to the section numbers in the
Selby-Bigge edition; referred to as E with the section number following.
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Concerning Matter$ of Fact, he says: '(they) are not ascertained in the

same manner; nor is our evidence of their truth,...of a like nature with the
foregoing. The contrary of every matter of fact is still possible; because it
can never imply a éontradiction, and is conceived by the mind with the same

facility and distinctness;, as if ever so conformable to reality. That the sun

will not rise to-morrow is no less intelligible a proposition, and implies no more

contradiction than the affirmation, that it will rise. We should in vain...attempt
to demonstrate its falsehood. Were it demonstratively false, it‘would imply a

contradiction, and could never be distinctly conceived by the mind* (E.21).

Before proceeding to discuss this division in the First Enquiry, it is-

to be noted, that there i$ no mention made of the term '"philosophical relation,

nor is there any list of thgse relations given; and %hus no division of the seven
philosophical relations inhto two classes,.of four and thrée members respectively.
_Nor is there any mention of the distinction, (which is at the basis of the division
into two classes (in the Treatise)) between thoée relati;n which are ''constant® |
and those which are "inconstant'. .Nor is there any mention here of what I termed
the "direct inspection! criterion. éoncerning geomefry; no reference is madé to
the point on which he insisted in the Treatise th;t‘it-lacks.fperfect precisidn

1

and exactness'; but this ﬁefect, which was noted in the Treatise, did not, howéver,

debar it from being classed undef the heading of certainty. or knowledge, this
certainty being eifher intuiﬁivelpr demonstrative, the latter consisting in a
chain of intuitions.“As flume stated in the Treatise (T.45): 'When geometry decides
anything concernihg the proportions of quantity, we ought not to look for the
utmost precision and exactness., None of its proofs extend so far. it takes the
dimensions andlproportions of figures justly; but foughly,'and.with some liberty.

Its errors are never consfiderable; nor would it err at all, did it not aspire
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to such an absolute perfection'. Nevertheless, geometrical propositions in

the Treatise, are still intuitive, since the relation involved is constant.

I,now want to discuss ﬁhis division in the Enquiry in more detail.

The two classesg in the Enguigl are now termed Relations of Ideas

and Matters of Fact. In the Treatise, when he first introduced the division

between what he termed knowledge and probability (in Sections 1 and 2'

respectively, of Part 3 of Book 1) he spoke of those relations which 'depend

entirely on the ideas' '(such relations being constant or invariable); and
those relations which'ﬁay be changed without any change in the ideas' (such

relations being inconstant or variable).

Towards the end of Book 2 (T.413), he speaks of'the abstract relatioﬁs'
of our ideas' and 'those relétions of objects, of which experience only gives
us informatién': fThe understanding exergs itself after two different ways,
as it Judges froﬁ demonstration or probability;.as it regards £he abétract
relations of our ideas, or those relations of objects, of which experience
only gives us informatﬂon'; At the beginning of Book 3, Section 1 (T.458), .
the expressions 'the real relationé of ideas' and 'real existénce‘aﬁd métter
of fact' are employed. In the same section (T.463), he writes :'the operations
of human understandingjdividé themselves into two kinds, the comparing of
ideas, and the inferrimg of matter of fact'. And there specific mention is
made of the four relations listed in Book 1. At T.4é6, he says that 'Reason
or science is nothing but_the comparing of ideas, and the discovery ef their
relations’. |

The expressions 'Relations of Tdeas' and 'matters of fact' are thus quite

common, especially in Book 3.
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What is of note is that when we turn to the division in the Enguiry,

all reference to constant and inconstant relations has been dropped. He now

merely speaks of relations of ideas. Under the heading, Relatiohs of Ideas,

he lists the 'sciences of Geometry, Algebra, anavArithmetic' (Italics mine)
and 'every affirmation which is either 1ntu1t1vely or demonstratlvely certain'.
With respect to geometry, I will, for the present, merely note that in the
Treatise (Section 1 of Part}), he had referred to it as an-'art', reserving.
the title of 'science' to algebra and arithmetic. The statué of géometry will
be dealt witﬁ subsequently. |

Since no list heére has been given correspondlng to the list of four
relatlons in the Treatlse, Hume's assertion that under the heading of Relations
of Ideas is to be included ‘every afflrmatlon whlch 1% either 1ntu1t1vely or
demonstratively certain', is, apart from mathematlcs, somewhat vague. What
f;iations, apar£ f;ém those of proportion iniquantity and numbér, are to be
included under this heading? It may be, of course, that ﬁhe reference to -
resemblance, contrariety, and degrees in quality is implied whgn he speaks of
‘every affirmation which is...intuitively...cef£ain'.1 In the Efeatise,
these relations fell 'mdre properly under the'province of intuition than
demonstration' (T.70). But, since no list ofbthese relations is here given, .
it is quite_unclear whether thereference is to the three above-mentioned

relations. In the last section but one of the Enquiry (E.131), he writes:

'It seems to me, that the only ?bjects of the abstract science or of

1Thls seems to be N. Knmp Smith's view, in his paper The Naturalism of
Hume (Mind. N.S. Vol. 1k, 1905), since he collates the First Enqu*rd (E.20, 30)
with the Treatise (uectlon 1, of Part 3, of Book 1).
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demonstration afé quantity and number, and that all attempts to extend tﬁis
more perfect species éf knowledge beyond these bounés are mere sophistry

and illusione...the sciemceé of quantity and number;..may safely, I think,

be pronounced the only proper objects of knowledge and démonstration',

He continues in the final sectionf 'All other enquiries of men regard only
matter of fact and existence'. And in the final pa;agraph,lhe concludeé
that all'ggg 'abstract reasoning concerning quantity and number' and
'experimental reasoning concerning matter of fact and existence' is 'nothing
but sophistry and illusion'.v It would seem, then, that proportion in

quantity and number are the only relations which he will allow under the

heading Relations of Ideas.

It méy be said that here (E;131) he‘is speaking mérely Of"theobjects
of demonstration', and since in the ?reatise, propértion in quaﬁtity and ’
number, fqr the most part, came.under the'proviﬁce of demonstfation, the>
question remains open whether the three above-mentioned relations would come
undér the heading of ’affirmations‘which are intuitively certain' mentioned
at E.20. ‘ | |

Now, élthough the tﬁree fela%ions which, in the‘Treatise ,'fell
'under the prévince of intuitioh', are not mentioned in the §nouirz,‘hé does
speak of affirmations whiéh'éreiintuitively certain; but, since he has given
no examples, it is unclear what‘§g£§ of propositions, he would regard as
‘intuitively cértain'r At E.29, he speaks of the connexion between two
propositions, under examination, as not being 'intuitive', since 'there is
required a medium, which may enable the mind tb draw sucﬁ an inference'.

Upon what ground a proposition is intuitively certain in the Fnouiry is not
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explicit. There is no reference to the principie of direct inspection;

which principle or criterion, in the Treatise , had its basis in the constancz .
of the relation holding befween the two terms of ﬁhe proposition. But since the
distincéion between constant and inconstant relatioms is omitted in the Eﬁguirz,
it is uncear whether or not it is on that criterion that a proposition is
'intuitively certain'.:

It would seem, however, that his‘general practice is to sink'intuitive
propositions under the general heading of 'demonstrative reasoning’. At.E.BO,

‘he writes: 'All reasonings may be divided into.twd kiﬂds, namely,‘demoﬁstrative
reasoning, or that concerning relations of ideas, and‘mofal reasoniné,.or thét
concerning matter of fact'and existence'. In Book 3 of the ?reatise; he reférs
to the four relations which make up Class I, as 'demonstrable relations' (T.464);
even although thfee of these iﬁ Book 1, came under 'the\prpvince of in£uition';
And at E.131, he uses the term 'kﬁowledgef and 'demonstration' equivalently;

and in the Treatise, the term 'knowledge' or 'certainty' waé used in the sense
of 'intuitive' or 'demonstrative' certainty'.

In the Enguirz,.a 'demonstrative’ broposition is one which 'implies no
contradiction' (E.30); 'whatever is'intelligible, and can be distinctly conceived,
‘ implies no contradiction’ (ggigl. The criterion or test of a demonstrative
proposition is that its 'negation' (E.132) is inconceivable: 'Every (demonstrafive)

I

proposition, which is not true,.is...confused and unintelligible. That the
| i -

cube root of 64 is equal to the ‘half of 10, is a false proposition, and can
!

never be distinctly conceived' (ibid). (In the Treatise, the conceivability
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criterion was not employed by Hume, with reference to those provositions

]
i

which make up Class I). A 'demonstrative’ proposition is one the 'negation'

of which is inconceivable, he maintains. A proposition, on the other hand,

which asserts a matter of fact, is one the negation of which is conceivable.
-The terms "inconceivable" and "impossible", he uses as the equivalent of each
other, and by "impossibile'' he means 'implies a contradiction'.  Thus a

proposition which is ingonceivable, is one which implies a contradiction (in

the ideas) (Vide.E. 21,3%0,132). The assumption being, it would seem, that the
mind is not capable of conceiving a contradiction. This assumption itself
is worthy of examination. I cannof, however, in this paper, enter into that

matter.
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This leads to the question, Upon what ground is a proposition 'conceivable!
or 'inconceivable!? We are faced with this problem not only in the Enquiry, but

in the Treatise too.. For, if in.the Treatise, Hume does not employ this criterion

with the constant or inconstant relations as its basis, then the whole ground of the
"conceivability" criterion is most unclear. And, in the Enquiry, all reference
to the constancy and inconsténcy of relations has been omitted.

I come now to the question, What sort of propositions come under the

| heading of Relations of Ideas and Matters of Fact. Under the former appeilation
belongs, Hume says, 'every affirmation which is eithér infuiti§e1y or demonstratively
certain'; under the lattei, propositioné, which are not intuitifely or demonstratively
certain. To say that the former type of propositions are concerned merely With
iggég,'whereas the latter are not, is not very helpful; since, in Hume's terminoldgy,
all-are "ideas"., Frequently, he refers to ‘reasonings' which are 'a ériori‘ (E.23,

- 24,'25, 27, 36n, 60n, 89n, 132, 132n.) and those which are expexpiential; or,
'demonstrative! or 'm;ral'.(‘prdbable') reasoning., Thus, propositions which embody
the former and thevlatter species of reasoning could-be termed ‘'a priori' and.

experiential propositions respectively. Once in the Second Enquiryl, he contrasts

the pairs, 'a priori' and 'a posteriori' (E,188). Now, although all this is so,

it should be noted in what way these terms are being used. For Hume, an 'a priorit

proposition-is one which is intuitively or demonstratively certain; an experiential

proposition is one which is not so, Upon what ground propositions are intuitivéiy

1I use this brief appellation to refer to 'Ain Enquiry concerning the Principle:
of Morals, The reference is .to tpe section numbers in the Selby-Bigge edition

(cited p. 1 ). _ |
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or demonstratively certain or not, is extremeiy unclear, since all reference to

the constancy or inéonstancy of the relation is'here omigted. As I have shown,

it is on that ground alone, that the distinction in the Treatise Eetween the two
types of propositions is made. if the Enquiry is a mere abridgement of tﬁe earlier
work, is it to be supposed that for a statement of the ground, reference has to be
made tohis fuller treatment of the subject in the Treatise? I think'not{ and for
 this.reason: in thé Enquiry, although he speaks of 'affirmations! which are
intuitively certain (E.20), and of inferences not being 'intuitive' (E.29,l32),

in the case of the latter referenges, 'intuitive?, in the sense that one just sees
that B (say) follows from A, his general practice, in conformity with his assertion

(E.131) that 'the only proper objects of knowledge and demonstration' are

proportion in quantity and number, is to speak merely of demonstrative or ‘a priori!

propositions, the 'negations’ of thch propositions are 'inconceivable'; and
being inconéeivable,‘they 'imply a contradiction’,

It is maintained by some -writers that Hume held the view that ali a_priori
propositions are 'empty' (that is, 'analytic', that is, ‘tautologous;). D. F. Pears
did not merely confine ﬁhis view to the Enguiry, but stated that such a Qiew was -
'the central contention of the first book of the Treatise.'! With respect to the
Treatise, I have shown that such a view is not at all applicable. Is such a view

applicable to the Enquiry? The answering of this question involves a discussion pf

Hume's treatment of mathematics, since it is his view (E.131) that proportion in

lVide. pe. 1, for the reference.

/
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quantity and number are 'the only proper objects of knowledge and demonstration'.
In other words,  he restricts the field of the a priori to mathematics. And,
what he has said concerning matheqatics-in the Enquiry is indeed preciéus little,

/
His references to mathematics are/confined to the following section: E.20, 27, 48,

i
i

12k, 124n, 125, 125n, 131.

At E.20, he writes: “(Matéematical) propositiohs..,are'discoveréble.by the
mere operation of thought, without depéndence on what is anywhére'ekistent in ‘the
universe. Tﬁough there'nevef were a circle or triangle in nature, the trufhs
demonstrated by Euciia would for ever retain their certainty and evidence'. With
regard fo geometry, contrasting Qhat is here said with‘what he had maintaiﬁed in
the Treatise, it can be seen there is né reference here to the lack of.;pérfect
precision and exactness! involved in the ‘ideas’ witﬂ which geoﬁetry Aeals. Nor
is thgre any reference to the point on which he remarked'in the Treatise (Seétion 1
of Part 3, T.??, 73) concerniﬁg the application of his fundamental principle to
6ur reasonings in mathematics.

But, further on in 'the Enquiry, his view regafding the 'ideas' in geometlry
is identical with the statement of the matter at T.72, 73 (Treatise); at E. 48 ne
writes: 'The great advantage of the mathematical sciences...consists in this,
that the ideas,..being sensible, are always clear‘and Aeterminate; the smallest
distinction between them is immediately perceptible..;Aﬁ oval is never mistaken
for a circle, nor a hyperbola for an ellipsis...If any term be defined in‘geometry,
the mind readily, of itself, substitutes, on all occasions, the definition for
the term defined: Or even when no definition.is employed, the object itself may be
presented to the senses, and by that means be steadily and clearly apprehended.'

Again, at E.12h, l2hn,‘and 125, the position which he had maintained in

Part 2 of the Treatise, is here taken.up, concerning the infinite divisibility of
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extension (and of time or dufation), and mathematical points' Concerning !the
paradoxical conclusions of geometry or the science of qﬁantity' (E.125), he writes:
"It seems to me not impossible to avoid these absurdities and contradictions,
if it be admitted, that there is no such thing as abstract or general ideas, properly
speaking; but_thaf-all general ideas‘are, in reality, bartiqular ones, attachéd
to a general term, which recalls, upon occasién, other pérticular ones,Athat
resemble, in certain circﬁmstaﬁces, the idea, presént to the.ﬁind...If this be
admitted...it follows thét all the ideas of quantity, upbn which mathematicians
reason, are nothing but partlcular, and such as are suggested by the senses and

imagination, and consequently, cannot be 1nf1n1tely divisible...' (footnote, 1b1d).

And at E.27, he remarks on the use of_geoyetry to assist in the applications
of the laws of natural philosophyy"by giving ué the just dimensions of all the
parts and figures wﬁiéh can enter/into any species of machine; but...the discovéry
of the law itself 1s owing merely to experience...'.

And finally (E.131), he dlstlngulshes between a mathematical prop081t10n
and one in which it is merely a matter of defining the tetms of which it is composed,

to be convinced of its truth. 'That the square of the hypothenuse is_eqqal to the

squares of the other two sides, cannot be known, let the ferms be ever so exactly

defined, without a train of reasoning and enquiry. But to convince us of this
proposition, that where there is no property, there can be no injustice,” it is

only necessary to define the terms, and explain injustice to be a violation of

property. This proposition is, indeed, nothing but a more imperfect definition.

1yide. Locke, Essay, Book IV, C.3, Section 18,
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It is the same case with allAthbse pretended syllogistical reasonings, which .
may be found in every other branch of learning, except the sciences of quantity
and number; and these ﬁay séfely;7hbe pronounced the only proper objects of knowledge

and demonstration.’', /
. !

These, then, being all the references to mathematics, it can be seen that,
apart from the statement at 5.B.20, Hume's view of geometry, is, in substance,
that of the Treatise. It is also clear that he does not regard geometrical

propositions as a mere matter of definitions (E.131); nor are arithmetical and

algebraic propositions so regarded by him, since his remarks there concern not

mgrely geometry, but *the sciences of quantity and number' (ibid. Italics mine).
His stafement at E.20, is in direct opposition to the subsequent references to
geometry in the Enquiry, and in light of the other references, I'just.do not
know what to make of that statement. Would this isolated statement be evidence
Sufficient that Hume fegarded geometrical popositions as fanalytic' or 'empty’
ér 'tautolégous'? As was noted above (p.6), Hume employs the terms''a priori?
reasoning and "demonstrative’ reasoning synonymously.‘ D. F. Pears1 is of the
opinion that, for Hume, all a priori propositiops are 'empfy', that is, ‘énaiytic’,
a view which he ascribed both to the Treatise and the Enquiry; with fespect to

- the latter he referred the reader to E.20. But, first, we must see in what way
the terms “analytic!, "empty" and "tautologous'" are being used by those who use
them., Pears mentions Ayer (vide p. 35) where I quoted Pears’ words). A. J.

Ayer (p.31)2 writes: 'Like Hume, I divide all genuine propositions into two classes:

1Vide. P+1

Language, Truth and Logic. New York: Dover Publications, Inc., (2nd

edition, 1946),
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those which, in his terminology, concern 'relations of ideas', and those which
concern !hatters of fact', The former class comprises the a priori proéositions
of logic and pure mathematics,‘and these I allow to be necessary and certain only
because they are analytiqo;Thét is, I maintain that the reason why these

propositions cannot'be confuted in experience is that they do not make any assertion

" about the empirical world, but simply record our determination to use symbols

;in a certain féshion". (Italics mine). It is not completely clear to me in ﬁhis
passage whether Ayer is ésqribing his view to Hume. In a later passage (p.150),
however, he quotes E.30: 'It implies no contradiction that the course.of nature
may change, and thét an object, seemingly like those which we have éxperienced,
may be attended with.different‘or confrary effect§...whatevér is intelligible,

and can‘be‘diétinctly conceived, implies no éontradiction, and can never be proved
false by any demonétrétive argumen% or abstract reasoning a priori‘, and - comments:

'Here Hume is supporting our contention that...propositions which cannot be denied

without self-contradiction are an%lytic'. In his introduction to Logical Positivism
(p.lO)l, Ayer writes: 'Like (Hume), (logicai positivists)‘divided significant
proposﬁtionS'intb two élassés; formal propositioné, like those ofilog@c or pure
mathematics, which they held to be tautological.,.and factual propositioﬁs, of which

it was required that they should be emprically verifiable'; Ayer explains the- |

use of 'tautologicai' thus: 'a statement (which) agrees with every truth Qistributién...
it is true in any circumstance,whatspever‘ (p.11) and fgrther remarks that the point

about tautologies is that they do not 'say anjthing about the world' (p.1l2).

lLogical Positivism, Edit. by A. J. Ayer. The Free Press, Glencoe, 1959
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From these passages, it can be seen that the terms ‘analytic' and 'tautologicalt
are being used synonymously by Ayer: analytic or tautologicai propositions 'do
not make any assertion abput the empirical world'...they do not ‘'say anyéhing
about the world'g furthermore, they 'cannot be denied without self-contradiction’,
Hume's stéﬁement at E.ZO may lend support to phe view that mathema@iéal.

propositions do not'séy anything about the world', since Hume»there Qrites;
. "Propositions of this kind are discovérable by the mere operation bf‘thought, without
dependence on what is anywhere éxistent in the universe; Thbugh there never were
a cifcle or triangle in nature, theltruths:demonsfrated by Euclid would for ever
retain their certainty and evidence.'! But it is this very stétement which is at
variance wifh his other stétements in the Enquiry'about geometry.

= An analytic proposition is also one ‘which cannét be denied without self-
| contradiction' But in the passage quoted by Ayer, Hume merely éays: '...Qhatevér
 'is ihtelligible, and ‘can be distinclj.conceived, implies .no contradiction...! (E.30)
or whatever is ‘unintelligible...can never be distinctly conceived'l(E.132).
Hume nowhere says that the 'negations' (his word) ofvmathematical proposition; are
self—contfadictory. é}l'that‘he says is 'that the cube root of 64 is equal to the

half of 10, is a false proposition, and can never be distinctly conceived',

N. Kemp Smith, in his paper The Naturaiism of Hume,l uses the term "analyticit
to describe propositions the opposite of which is impossible to conceive (pp.l1l56,

cél propositions in. the Equiry may be termed

I

157), and in that sense, mathemati

Yanalytic"., - f

Lvide. p. 68




79
Remarking on 'the two very distinct meanings which he (Hume) ascribes

to the term "reason'",'; he quotes the First Bnquiry (E.30): "All‘reasonings may

be divided into two kinds, namely, demonstrative reasoning, or that concerning
relations of ideés, and moral rea%oning, or that concerging matter of fact and
existence".‘ He ‘continues: 'The first kind of reasoning is analytic. Since the
relations discovered are involved in the ideas compared, being'such as annot bé
changed without éhange in the ideas, their truth is guafanteed by the lawlof
non-contradibtion;. The relations thus revealed are those of resemblance, contrariety,
degrees in quality, and proportion in quantity or humbex; and as the mathematical

s¢iences, of geometry, algebra and arithmetic, involve only such relations, they

are rendered possible by such discursive analytical thinking. "That three times

five is equal to the half of thirty, expresses a relation between these numbers.

Propositions of this kind are discoverable by the mere operation of thought, without
dependence on what is anywhere existent in the universe., Though there never were

a circle or triangle in nature, the truths demonstrated'by Euclid would for ever

retain their certainty and evidence"' (First Enquiry, E.20). Kemp Smith continues:
‘'This logical necessity, which consists in the impossibility of conceiving the
opposite, is the sgle form of ratipnai necessity known to.ué, and it supplies a
standard in the light of‘which we are enabled to detect its complete absence from
all our knowledge of matters of fact.® |

But, for Hume, maﬂhemaficalipropositions are égg analytic.in Kant's sense

of that term, as I will show. Kant defines an " analytic judgment!' thus (p.48)1

1Critique of Pure Reason, trans. by N, Kemp Smith., (Edition cited).
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"...the predicate B belongs to the subject A, as something which is.(covertly)
contained in this éoncept A...(suéh a judgment) can a}so be .entitled explicative,
(since it adds) nothing through the predicate to the‘concept of fhe subject,

but merely (breaks) it up intothose constituent concepts that havé all along been

thought in it, although confusedly...'; and such a judgment 'rest(s) on the .

principle of contradiction' (p,54)

For Hume, at E.131, contrasts the propositions, the square of the. hyﬁgthenuse

is equal to the squares of the other two sides and where there is no.prOperty, there

can be no injustice, remarking that the former 'cannot be known, let the terms be

ever so exactly defined, without a train of reasoning and enqury?', wheréas in the
case of the latter, 'it is only hecessary to define thé terms, and explain injustice
to be a violation of proﬁerty' to be convinced of it. Are mathemétical:pr0po$itions,
_ then, for Hume in the Enquiry, in Kant's terminology "synthetic a priori? Such

a vieﬁ; I maintained,”waé ruled out, in so.far as the Treatise, was concerned,

for the reason that there was no third possibility for the relatién’holding between
the two terms of the.propbsition, it was either "consﬁant" or "inconstant“. In

the Enquiry, however, the distinction between "'constant"™ and 'inconstant" relations

has been omitted. Does this omission, then, leave open the possibility that

/
/

mathematical propositions are "syq%hetic a priori" in the Enquiry?

But, first, let us see whét Kant means by such a judgment or proposition.
A "'synthetic judgmeﬁt" is one whe%e 'the predicate B! 'lies outside the concept A;
although it does indeed stand in connection with it...(such a judgment may be
termed) ampliative (because it) add(s) to the conceptgof the subject a predicate’

which has not been in any wise thought in it, and which no analysis could possibly

extract from it,! (p.hB)l. Thus, the proposition 'the straight line between two

lf_)_Ea cit,
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points is the shortest! (the example also used by Hume (T.49, 50) to show

that such a propositioﬁ'is not a tautology) ‘is a synthet;c proposition, For..

my concept of straight contains nothing of quantity, but only of quality, The
concept of the shértest is wholly an addition, and cannot be derived, througﬁ :

any précess of analysis, from the concept of the straight line."(p.53)1. It

is also 'a Eriori'“: ', .smathematical propositions, sirictlyvso called, are

always judgments'avgriori, not empirical, because they carry with them.necessity,
which cannot be derivgd from experience * (p.52)§. When Kant says (discussing the
proposition 7 + 5 = 12) 'the concept of 12 is by no meaﬁs already thought in merely
thinking this union of 7 and 5; and I may analyse my concépf of such a.pOSSible |
‘sum as 1ong as I please, étill I shall nevef findkthe 12 in it. Wé have to go
outside these concepts, and call in the aid of intuition which corfesponds to one
of'them, our five fingers, for insﬁance, or...five points, adding to ﬁhe concépt
of 7; unit by unit, the five given in intuition...(and) Qith the aid of the haﬁd
 see the.number 12 come into being.' (p.53)3; and when Hume says (E.131): ‘Thai

the ngare of the hypothenuse is equal to the squares of the other two sides, cannot

be known, let the terms be ever so exactly défined, without a train of reasoning

and enquiry', it may be thought that, were he acquainted with Kant's terminology,

such a proposition he would have termed "synthetic a priori"™, -

Such a view, in so far as the Treatise was concerned was straightaway

ruled out, for the reason that such a proposition would be one where the relation

‘op. cit.
293. cits
“op. cit.
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is both M"inconstant" and "constant' at the same time; or, to state it in another .

way, the proposition would be both intuitive and not-intuitive at the same time.

Now, since the division im the First Enquiry is not made on the basis of the

constancy and incbnstancy of the relations, but solely on thé basis of the conceiva-
bility criterion, it might seem that Pap's viewl that 'Hume's imaginability
criterion of necessity leaves it at leas£ an open‘quéstion whéther a given‘

proposition may not be both synthetic and necessary' (p.79), and that *Hume's

- (where p is a proposition) is a petitio principii?

proof of the contingency of p-

(p.??)z, although ruled out by me, in so far as the Treatise was concerned, is

now applicable to the First Encuiry. This question, then, has to be investigated.

First, this will be said. The distinction in the Enquiry, (as in the Treatise)
is, on the face of it, a dlstlnctlon between prop051t10ns which are "a priori

(or, necessarz) and those which 'are "a pastériori™ (or contlngent), And as A.

"Flew remarks (p.64)3‘in his notice of Reichenbach's contention that Hume' arrives

at the result that all knowledge is either analytic or derived from:experience...w

tIf analytic and synthetic are to be employed...as mere synonyms for necessary

;
!

, or for a priori and a posteriori...In such an usage to speak

and contingent

of a synthetic a priori would ind=ed be obviouslj contradictory.' TFlew continues

(ibid): 'But if the words are not used simply in this uneconomical way it may
be more doubtful whether it is really correct to attribute to Hume the view that

mathematics contains no synthetic elements.', That is, 'synthetic' in Kant's

Lvide. p. 23

292. cit,
3Hume 's Phllosqphy of Belief: A Study of his Tirst 'Enqu1rf' London:
Routledge & Kegan Paul, 1961,
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sense, Flew means, (He cites £.131),%

R. F. Atkinson, discussing Hume's view of mathematics in the Enquiry
writes: tIt appears'to me 'that the treatment of mathematics in the Engquiry
is simply a shortened and simplified version of that in the Treatise.' (p.133);

and Atkinson's view of mabhematical propositions in the Treatise was that such

propositions are not analytic, but that they may be synthetic a priori. I discussed
this view of Atkinson's, in connection with the Treatise, and -if Hume's view

in the Enquiry is a 'shortened' and 'simplified' version of that in‘éhe Treatise!',
then,'my remarks concerning Atkinson's view in that éarlier work; apply,‘according
to Atkinson's.view of the two works,'likewise to the Enquiry. But, such é view

on the part of Atkinson, impiies that, for Humé in the Enquiry, the base on which

the distinction between Relations of Ideas and Matters of Fact rests, is the

constant/inconstant relations base., Yet Hume nowhere mentions this base. He,

in so far as his words go, has abandoned it, in the Enquiry. The base in the

latter work now, on which the distinction rests is the conceivability principle
or criterion., And if that criterion is bound up with the constant/inconstant

relations base, then, there can be no such things as synthetic a priori propositions.

But, if theconceivability principle is in noc way connected with that base, then,

perhaps there can be, for Hume in the Enquir ,‘such propositions{ this conceivability

‘criterion, then, has to be investigated.b

First, I will restate in what way the conceivability criterion would

lVide. Pe 7% Wwhere the reference is quoted by me,
2Article cited by me (p. ﬁs DI

i
!
i
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operate on the constant/inconstant relations base. Second,l shall try to see
on what ground that criterion can operate, devoid of the comstant/inconstant
relations base. On the latter base, the 'negations of propositions of 'Relations

of Ideas' would be inconceivable, on the ground that the relation is 'constant';

whereas thé"negations' of 'matter of fact' propositions would -be conceivable

on the ground that the relation is 'inconstant' or 'variable'.

As was noted in Section II of this paper, the conceivability criterion
ié grounded on two principles;'the denial of a tie or connection among ideas or
the separability of ideas 'by the thought and the imagination'; and"that
nothing Qelimagine is absolutely impossible' or 'whatever the mind clearly
conceives includes the idea of possible existence' (T;BZ). And since 'there
is.no matter of fact which we believe so firmly that w; cannot conceive the
:céﬁtrary' (E;395; égd since we‘are able to 'conceive the contrary' of a

'matter of fact' proposition, it thus lacks necessity. Thus this criterion

is another way of distinguishing propositions which are necessary and those

which are not necessary. And to say that a proposition is synthetic a priori
would be to say, on Hume's view, that the proposition is 'conceivable' and

'inconceivable' at the same time. Since, if a necessary or a priori.

proposition is one the 'negation' of which is inconceivable (vide. E.30,132),
and if a synthetic or 'matter of fact' proposition, for Hume, is one the

'negation' of which is conceivable (vide.E.21), then a synthetic a priori

proposition would be one where the 'negation' is both conceivable and

inconceivable at the samg time.




So, 1 contend, that there can be, on Hume's view, no such things as synthetic
a priori propositions either on the constant/inconstant relations base or on

the conceivability base, devoid of the constant/inconstant relations base.
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